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IKGEC��I�AD��I��tCE�E��¬D����X��a�½E�LldXH
j��½�� �
�C�
�� XHW�� µ q�A/W�I�
�W�CE®S¬D�����:��½�I�� 	E
�ADGEJK��® Xv�EM ��Am&u�EM)X[�AHJ�C��I�AD� � AH
�	D��AD®%X�	D������IKWd����
�9 �
���CEM�²OXHJKJ A¬D��
r�½E�S\_JKADG³������½��-C���-A��1W�AD����IK�ªC�ADCE�B&u��JKMO®�AªME��JK���EJKI.9H� S"MN�iI � ��f�TU
!TRdn��
� M�jk�TK ��IK�:�CEI �¡XHGEJK� µ
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N O zJPQP��BxSRUTDzJP VXW
� µ � ¹ �_W¡½uXH®�	)IK� ���
��E� µ-µ-µSµ-µSµ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ¯ZY
� µ ¯ ¹ �_W¡½uXH®�	)��<h���
��E� µ-µ-µSµ-µSµ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ¯\[

V ][�^P�zJPQ_ �h� }S`ª���h�badc x�zJP e N
¯ µ � ¹ � ��� CuXv��IKAD�OME� ¹ Xv	EJYXHW�� µ-µSµ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ f �
¯ µ ¯ ¼m��W�AD®�	³AH�IK�I�AD� ���)	BAH�������IK��J��F½EXH
®�AD�EI#�ªC���� µ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ f ¯
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e O zJP���zJP xjR�zJP�yTx�Tv}R�u�lk ���-monj`��bapc x�zO�zIRbR�zJP��qR�z eor
f�µ � ¹ ���r®%���CE
����F�/JYX/�C�
�� XHW��-M��-J�X/qT��

� µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ f �

f�µ � µ � ¹ ���rAHGE���
�¬vXv��AHI�
��� µSµ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ f �
f�µ � µ ¯ ¹ ���r�j�¡Xv�I�AD���FME�_
��	B���IK�I�AD� µ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ±�°

f�µ ¯ ¹ ���r®%���CE
����:��X�����JKJ�I �¡XHIK
��� µSµ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ± ¯
f�µ ¯ µ � ¹ �N�Xv����J�J�I �����L
�������M µ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ± ¯
f�µ ¯ µ ¯ ¹ �N�Xv����J�J�I ���_¿ c �N´ b µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ± f

s _��"yS`JtpadP����ba �on�kT�-Rut zJP<}R�#R����3n�apc xRz,PvPwkT}j`JRUapc xRz,P s W
± µ � ZuAD
®%XHJKI��®��r®�Xv�½E��®%Xv�I.� CE�NME���r½EXH
®�AD�EI#�ªC����F�	�½E��
�I.� CE��� µ-µ-µSµ-µSµ ± «

± µ � µ � ¹ ���r	BADJ ²h�
(D®%���FME� ¹ ��	D���EME
� µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ±I[
± µ � µ ¯ ¼»��¬D��J�AD	�	³��®%��� �rMECO	BAH����� �I���J µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ±yx
± µ � µzf l-<h	E
������I�AD�O���r
����AHJ�C��I�AD� MECO	E
�ADGEJ�¾�®%�NIK��¬D��
��� µ-µSµ-µ-µSµ-µSµ ±��

± µ ¯ ¹ ���r®%AªME¾�J���� ME�_W¡½uXH®�	)®%X�	D�E����I#�ªC��N���O½uXH
®�AD�EI#� CE���F��	E½E��
�I.� CE��� µSµ «��
± µ ¯ µ � ¹ X/���J���W���IKAD��ME�_MEAD�E������� µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ «��
± µ ¯ µ ¯ ¹ X/	uXH
XH®�����
�I��Xv��IKAD�$ME���rW¡½EXH®%	��r��<ª����
��E��� µSµ_µ-µSµ-µ-µSµ-µSµ « �
± µ ¯ µzf ¹ ���r®�AªME¾�JK��� 	D��AD®%X�	D�E����I.� CE���:I�������
�uXv�I�AD�EXHC=<�ME�_
��� ��
���EW�� µ Y��
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W _��"yj`,tpapP����ba �3n�k��#Rut z,P/�3n�y�zJt z ���zJP/y�z��m�oapPqP��3n �3W
« µ � ZuAD
�®�XHJKI���®%�r®�X���½E��®�Xv�I.� CE�LM����]������� �"!aM�� AD�EM���J�������� µSµ-µ-µSµ-µSµ-µ-µ x\Y

« µ � µ � ´ XHIK� µ µKµ iLC�� ���j� · W����ªC�� CE���SAD��ME��JK������� µ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ x\Y
« µ � µ ¯ ¹ ���]������� �"! µSµ-µSµ-µ-µ-µ-µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ x\x
« µ � µzf l-<�	�
�����IKAD�@���»
�����ADJ�C��I�AD� M�C)	E
�ADGEJK¾�®��NI���¬D��
�� µ-µ-µSµ-µSµ-µ-µ �D°

« µ ¯ ¹ ���:®�AhM�¾�J����FME�_W¡½uXH®�	)®%X�	D������I#� CE�N���OAD�EME��J��������� µ-µSµ-µ-µSµ-µSµ-µ-µ �°��
« µ ¯ µ � sr��	E
������ ��Xv��IKAD�OM�� C��)W¡½uXv®%	O
�XHM�IYXHJ µ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ �°��
« µ ¯ µ ¯ sr��	E
������ ��Xv��IKAD�OM�� C��)W¡½uXv®%	OME�_	³Av�������I���J µ-µSµ-µ-µSµ-µSµ-µ-µ ���°
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� O �����#RUa ��� a �3n�P `,T�xSt �^apR z N r^e
Y µ � ¹ X[¬vXH
I�Xv��IKAD� ���W�CEJ�XHI�
��L¬hC��-	EXH
FJ����rAHGE���
�¬vXv��AHI�
��� µ_µ-µSµ-µ-µSµ-µSµ-µ-µ �b[ f
Y µ ¯ ¹ X[¬vXH
I�Xv��IKAD� ���W�CEJ�XHI�
��L¬hC��-	EXH
FJ����r�Xv����J�JKIK����� µ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ �b[v±

Y µ ¯ µ � fh��
�I��_ME�_®�AhME¾�J���� GEI�®����j��
�I���JK� µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ �b[D«
Y µ ¯ µ ¯ k»�O®%AªME¾�J����L
�j����M@���»¿ c �N´ b µ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ � x �

r O z,PQP�zJTD�Bx�PwP�zJPQmX` �B���#m3nS`��bapc xRzJP N �3e
[ µ � fhC�
rJK��CE
FW�XH
�XvW�����
IK��Xv�I�AD�$���®�	³AD
���JKJ�� µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ � x\Y
[ µ ¯ fhC�
rJK��CE
FM�I����
IKGEC���IKAD� �	EXv��I�XHJ�� µ-µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ ¯�� f

� O �����#RUa ��� a �3n�P `,T�xSt �^apR zOz�� t�� adn³�q`JRUa zªxSR<yRz t ���azJRbR z VXV N
x µ � ¹ X[¬vXH
I�Xv��IKAD� ���W�CEJ�XHI�
����<J�X[J�IK®%I ���m��A ²DXHC · ®�XH���� XHC µ-µSµ-µ-µSµ-µSµ-µ-µ ¯D¯��
x µ ¯ ¹ ���@���W�ADCE������ 	D��AD®%X�	D�E����I.� CE���)���4J�X 	E
������I�AD� � JYX J�I�®�IK��4�EA²�XvC ·

®%XH������XHC µ_µ-µSµ-µ-µSµ-µSµ-µ-µ-µ-µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ ¯D¯ZY
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w wut mB�XRUa � }T�§z�y�z P `,t zJTH�ba �on y�zJP�y��3nSnS` zJP�y�z n x�a � V s��
�~µ � ¹ X/MuXv�� ��C�J�I����E�E�N���O���®�	E�rk»qr¿ µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ ¯v±��
�~µ ¯ ¹ �N����®%	E�:��I�ME��
�XHJ ���rJYX[J�AH�2	DIK�CEME�LM�C4fhAHJ���IKJ µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ ¯D«��
�~µzf�¹ � XH�W����E��I�AD�OME
AHIK���N���rJYX[ME��W�J�IK�uXHIK�AD� MEC@fhADJK��IKJ µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ ¯D«��
�~µ ± ¹ � XH�2	DJK�N½EAD
�XvI�
���EJ�� X 
�I�®[C�� ���rJYX[½EXHC�����CE
:MEC@fhADJ���I�J µ-µSµ-µ-µSµ-µSµ-µ-µ ¯D«D¯
�~µ « �/J�� XHJ ��IK�CEME�LM�C)�Xv����J�J�I ��� µ-µ-µ-µ-µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µ ¯D« f
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� ¿ ½uXH®�	�®%X�	D������I#� CE��XH���AhW�I��>�OCE���%��	E½E¾�
��$ME��®�X�	D�E���IK��/CE�EI#� AH
®�� ·
®������tXHI�®%XH��������WNG b �T��� �TKdK � V X3µ E I�JKJ�IYXv® \_IKJ�GB��
j�3�AG*lm�B�O�QP�U��Tb � V � � YD°D° µ � x

¯ ¿ ½uXH®�	�®�X�	D�E���I.� CE�mXH���AhW�I��0�/CE� W�ADCE
�Xv� �:��J���W���
�I.� CE�L	EXH
W�ADCE
�Xv� �:C��
&uJ"W�AD�EMECEW�����CE
��]�T<h	B��
�I�����W��-ME� �N
������M µ+µ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ���

� µ � fhW¡½E��®�X<�IK®%	�J�I#&E�LME�_JYX[�j��
C�W���C�
�-I�������
�E�_ME�_JYX[q���
�
� µ%µ-µSµ-µ-µSµ-µSµ ¯ZY
� µ ¯ ¿ XH
j���F
��	E
������ ��XH��� J8� IK���������IK�� MEC<W¡½uXH®�	/	E
�I��EW�I�	uXHJ
�LJYXL��CE
�� XHW��FME�FJYX

q���

�� µ�¹ ���N¬vXHJ���CE
�NAHG������ªC����~M���
I ¬D��� �-M�� CE�|ME��¬H��JKAD	E	B��®������~���§½EXH
 ·
®�AD�EI.� CE���"�	E½���
I#� CE��� W ¬HADI�
 W¡½uXH	EI ��
�V± X ��CE��� C�� XHC-ME��	H
�Q_�AD
ME
�� � f W ®�A ·
ME¾�J�� � ��������¯v°D°D°
�ªM�� XH	E
¾�� ¹ XH�
	DJYXHIK���TbJ��K��7W ¯H°D° fDX�X�µ�µSµ_µ-µSµ-µ-µSµ-µSµ ¯\[

� µzf ¿ XH
j���/
��	E
������ ��XH���~J�X$W�AD®�	BAD��XH����~¬D��
���IKW XHJK�/MEC�W¡½uXH®�	0W�
�CE����XHJVADG ·
����� CE� � 	uXv
���IK
4M�� CE� ®%AªME¾�J��£��� ½uXv
®�AD�EI.� CE���0�	E½���
I#� CE���|MEC ME� ·
	D
��Q_vAD
�ME
� � Y � xD°^��CE�E�%XHJ ��IK�CEME�[M��%±�°H° km �"M�� Xv	E
¾�� ´ XvCE� �Tb���K��
W ¯v°D°�¯ X3µNµSµ-µSµ_µ-µSµ-µ-µSµ-µSµ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ¯Zx

� µ ± fhW¡½E��®�X)�I�®�	EJKI#&u�/ME���[W�AHCE
�XH����~I�AH�EAD�	�½E��
�I.� CE�����TM�� XH	�
¾�� ¹ XH��
���
AH����I
�TbJ��K��-W � ��� fDX3µBµ_µ-µSµ-µ-µSµ-µSµ-µ-µSµ_µ-µSµ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ ¯ �

� µ « ¹ X�®%X�	D�E����AD��	E½E¾�
��~���NJ�� I�AD��AD�	E½�¾�
��ZBJ����»��²ª���¾�®����LM��[W�ADC�
�XH�����m��J���W ·
��
�I.� CE���-���NJ����NW¡½uXH®�	E�N®%X�	D�E����I.� CE���NW�AD
�
���	BAD�EMuXH���_��AD���-XHCE���IVI��EM�I ·
� CE���'W M�� XH	�
¾���:NIK¬H��J���AD� �Tb ��K��AW � ����« X�X�µ�µ-µSµ-µ-µSµ-µSµ_µ-µSµ-µ-µSµ-µSµ f °

¯ µ � fhW¡½E��®�X<ME���F�ADCE
�W����»ME�NW�ADCE
XH�����:W�AD���
I�G�CuXH���rXHC�W¡½uXH®�	 	D��AH®�X�	H�E� ·
��I#� CE�%���

����j��
�%���SMEI���	³AH�IK�I�AD��ME���~	E
�I��EW�I�	uXvJ����_��	E½E¾�
����[M���
�T� ��
����EW��
W8��J8� XHJ ��I ��CEME�)ME��� AHGE���
�¬vXv��AHI�
��� ADC GEI���� �£J�� XHJK�IK��C�ME�@ME������Xv���J�JKIK����
®%X�	D�E����I.� CE��� X M�� XH	E
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Bz at 400 km altitude
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� ��M��%W���®���®�ADI�
�� X�µ ¹ X)�	�½E¾�
����C�
SJ�X�� CE��JKJ��/J�� ��� CuX���I�AH�§MEC§	³Av�������I���J
���j�:����XHGEJ�IK�m����� ? � CE��JKW�AD�
�ªC��F@ µ fhI JYX~��	E½E¾�
��_�����»XH���IK®%IKJ������[JYX[��CE
�� XvW��NME�NJ�X~qT��

���Z
· J��N	BAH�������IK��J IK� ���
��E�_W�AD
�
����	³AH�EM@XvC=<��AHCE
W����r�ªC�W�J���XHI�
��N���rW�
�CE����XHJ������
· J��N	BAH�������IK��J ��<h���
��E�~XvC=<��AHCE
W����rI�AD�EAH�	E½E��
I#�ªC����:���r®%X�	D�E����AD��	E½E��
�I.� CE��� µ

¿ ��	B���EMEXH���3� ��I1JYX��	E½�¾�
�~W�AD�E��I�ME��
���[���j����J�� XHJ ��IK�CEME�_ME���L��Xv���JKJ�IK����r®�X�	D�E���I.� CE���
W W¡½EXH	EIK�
� f�µ ¯ X �2	D������
�XvJ���®������r�����
� f «H°/��� �D°H° km �]XHJ�AH
�LZ· JK�0	³AH�������IK��J»I�������
�E��W�AH

���	BAD�EM XHC=< �ADCE
�W����O� CEW�J���XHI�
���� W�
CE�j�¡XHJK��� ����IKAD�EAD��	E½E� ·

I#� CE�����
· J��N	BAH�������IK��J ��<h���
��E�~XvC=<��AHCE
W����r®�X�	H�E���AD�	E½���
I#� CE��� µ

¹ �F	³AH�������IK��JhI�AD�EAH�	E½E��
I#�ªC��F�����dM�AD�EWFW�AH�E�IKME��
��F�ADI �VW�AD®�®�� I�������
�E���D�AHIK�>��<ª����
��E�
���J�AD��J8� XHJ ��I ��CEME�»ME���rADGE����
j¬HX���I�AH�E� W &f	HCE
�S¯ µ � X�µ
k»�E�»��� CuXv�I�AD��ME�mW�AD����I�� CEI ���r���j�F�E��W�������XHIK
�L	BADCE
t	³AHC�¬DADIK
aCh��I�JKI�����
dW�AD� ��ADI�������®%�����

ME���-M�AD�E�E�����0� ADCE
��EI����N	uXH
LJK���NADGE����
j¬HX���ADIK
���N���_J����N��Xv���J�JKIK���� µ ¹ � IKAD�EAD��	E½E¾�
��/���j�_®%A ·
ME��J�I������4W�AD®�®%�OCE�E�0W�A=� CEIKJ�J��O�	�½E��
�I.� CE��� ®%IK�EW��)��� W�AD�EMECEW���
�I�W������£CE�E�4XHJK�IK��C�ME� h
W�AH�E����XH�����~M�� ���° km µ³¹ � ���ªCEXv��IKAD�@ME�SW�AD���I�� CEIK��SM��~��X�ME��
�IK¬H���[
XHMEIYXvJ������
�X ¬D��
�LJ�X



e s ][�^P�zJPQ_ �h� }S`ª���h�badc x�zJP

��CE
�� XHW��_ME�_JYX[W�Ak� CEI�JKJ��L�����-Z

−
∂Viono

∂r
|r=(a+h)− = −

∂Viono

∂r
|r=(a+h)+

W ¯ µ [ X

lV��W�AD®~GEI��uXv� �[J����~��� CuXv�I�AD�E�/¯ µ Y)���%¯ µ [=��J����~®%���CE
���� �4JYX)�CE
 � XHW��$M�� JYX@q���
�
�
���/J����~®����C�
���/�Xv����J�JKIK�¡XvI�
�����"IKJa�����[�½E��AD
�I.� CE��®%��� �[	³AD���IKGEJ��%ME�$���	uXH
���
/J����~��ADCE
W����
IKAD�EAD��	E½E��
�I.� CE���rM����rXHC��
���:��ADCE
W���� µ
¼LXH���[JYX�
��XHJ�I �����RW������$MEIK����IK�EW��I�AD�|���j�[	EJKC�� (v�~MEI ��W�I�JK� �O
��XHJ�IK���
 µ�¹ �%W¡½uXH®�	£I�A ·

�EAH�	E½E��
I#�ªC���� 	�
I���W�I�	EXHJ���®%��� �/�
IKGEC��¡XvI�
�OME������6³����$MEIKCE
�E�����t�E�)¬vXH
�I��O	uXH�%�CE
$M����
��W¡½E��JKJ����SME�%���®�	E�~W�AD®�	uXH
�XvGEJ������)W���JKJ���MEC£W¡½uXv®%	§I�������
�E� µ1¹ ��W�XHJ�W�CEJt	E
��W�I��SME��J�X
	uXv
��_MEC�W¡½uXH®�	|I�AD�EAH�	E½E��
I#�ªC��/�E��W������IK��%MEAH�EW<CE�E�<W�ADCh¬D��
j��CE
��%W�AD®�	EJ�¾����/���_½�AD®%A ·
	D¾��E�4���n����®�	E� JKAhW�XHJ µ b�ADCE
 W������4
�XHIK�AD��� J��)W¡½uXH®�	 I�AD��AD�	E½���
I#� CE�4���j� 
��MECEI ��XHC
®�I��EIK®[CE® 	D
��vW��)�|J8� Xv	E	EJ�IKW Xv�I�AD��ME�)W�
I ��¾�
�����ME�O���JK��W���I�AH�E�<�CE
<��ADCh������J����<MEAD�E�E�����
XHW�� CEI������ µT¹ ���-®%���CE
����SMEC�W¡½uXv®%	§®�X�	H�E���I.� CE�/����

�����
���A� CE���EADCE�~X¬HAD�E�SC���IKJ�I��������
	BADCE
"J�X:M����W�
IK	���IKAD�_ME�������
CEW���CE
������	uXv�IYXHJK���"���TM����R¬HXv
IYX���I�AH�E� ����®%	BAD
���J�JK��� M�C~W¡½uXH®�	
®%X�	D�E����I#�ªC��LI�������
�E���u�AD���»ME��W�
I �����:MuXv�E�:J��NW¡½uXH	�IK��
��N�CEI ¬vXH���»M��-W��_®%��®%ADIK
� µ



� � ���@����� � ��� �u����

� ��
 � �����H������ � 
 
 ���� �H�?����






� � �����3 � � �

� ��
 � ��
 �	� ��
 � � ��� �?� � � � � ���  �
	 �	�

 ����� ��
Q � �

� � �:%'
�� � % �9� �2��" ��
�8 
��3� 
�)���8 ".��
�� �*� /&� � 
��>%'
��$(C���3�!(�
������6�> 
��+�����'� �2�$+
8:��".� 
�� � ".� 
��:-0� 8:/�".��(�� 
 /&���2
���� �9� " /�� ( � ".�$������2���2��" 
��3� " � ���'
 D7� /$�E� ��% +
% /�����
�� �*�>
 /&��� 
�� �1�9� " /9� (�
 ���6
�- ���'
 � ��- 
��E��� "#-#�2�$�E� (�"���1� �$� (*�% �����#� �.� /�"#�
�E��
���
����4��"#��
 " (* 
�(�
���
 ���� ".- � ����/ ���2
����1
�� D�;�- ���$� � (� � � �$� /�"#� (� �2" (� ��

���E" 
���� % /1����" ��-0
 D	�3" -0� ���2" 
�����
 ��1/�- �6
���� � 
����!�2/$� ��
��3� % ��� ��
 ���*� �E� �1�4%'
 �2�

��$��/�� 
@".��� /��6� � (�
�� ��,E/1�2
�� �2
 (��� /�"#-0
 �2/$�'(C��"#��� % ��� �4/$� ��/$�E��� � /�8 8 

� /��6�2����6
��$��
 (�
 -1� ��%�% ����"#� " /�� ( � �E� ��%C% �9� 
�"#-#- �0"*
 �$/.� �1
 �$��� 8:��".��"����C��
 �
�E��
�8 �9�6" ��� 
 �$/$���1
�-#-0
�( � 
�)C�98�"#��
�� - 
��)/&�"�2
��#��� (�
 -0
���� /9�'��" (��� 
�� �2/$�*� �E�
��� "9-0
���
���� D	�

>� ��� # /�" ��� � 
��� ���" /9- /1"9" ����
 ���=���$# ��".��� %$��" ) ��/&� 
�-7(�
 8  (�
 ��"#��
����>:
��
3(' ? 4CD % �	� 
��E
�� (�
�� % /�����" ��- 
�����
 �$�C��� (1� 3(' A 3 D



e � O zJP���zJP xSR zJP�yTx�T�}R�u�lk ���#m3nj`��badc x�zO�zIRUR zJP�� R z

H

Z

D

I

F| | =

X
(Nord)

(Est)

(centre de la Terre)

Meridien magnetique

B

B

Y

������� e �pN�� � �"!mS"MN�iIfMQ!���Ufb �"! j�h S�
���iI1�O�QP�U�LTb8R���hf��b �T�T� �"!Tbc� � �
¹ �LW¡½uXH®�	 ®%X�	D�E����I.� CE� ~B ®%���CE
��L��� C�� 	³ADIK��� ���j�FME�T&u�EI 	uXv
 �AD� IK���������IK��m���F��X

MEIK
��W���IKAD� µ³¹ X &f	DCE
�� f�µ �/M���W�
�IK�NJK���L����	��_��J���®%��� ��0� CEI>W Xv
�XHW�����
�I��������_W�AD®�®[CE����®������
CE���F®%���CE
��FMEC<W¡½uXH®�	�®%X�	D������I#� CE� ����

������
� µ ¹ ���dW�AD®�	³AH��XH�������>¬D��W���AH
I���J�JK���>��AD��� X �
½EAH
I 
�AD���¡XHJK�N���r	BAD�I ��IK¬H�N¬D��
��mJK�-��AD
M)	D��A�	D
�XH	�½EI.� CE��� Y �]½EAD
I 
�AD����XHJ��N���»	BAD��IK��I ¬D�N¬D��
�
J8� ������	H��A5	D
XH	E½EI#� CE���B��� Z � JYX��EAD
�®�XHJK�'�%J�� ½EAD
I 
�AD����XHJ����B	BAD��IK��I ¬D�-¬D��
��NJ��SW������
�/ME�[J�X
q���
�
� µ>¹ ����XHC���
����/��J���®�������/®�X�	H�E���I.� CE���~�AD��� F �TJ��$®�AªMECEJ��%ME� ~B � H J8� IK� ����E��IK��
½EAH
I 
�AD���¡XHJK��� D �aJYX§M���W�JKI��uXvI��AH���dADC J�� XH�2	DJK�)������
�0JK�@�EAH
Mn®%X�	D�E����I#�ªC��4����J��4�EAH
M
	D��A5	D
XH	E½EI#�ªC�����	BAD��IK��I ¬D�m¬H��
��»J8� �����3�����:���=&u� I ��J�� I��EW�J�I��EXHI���AD����ADC�J�� XH�2	HJ��m������
� ~B ���:JK�
	EJ�XH��½EAD
�I 
�AH� ��XHJ���	³AD��IK�IK¬D�L¬H��
��mJ��_GuXv� µ]¹ ���r��JK��®�������� X � Y ��� Z � AH� �rIKW�I"
�T� ��
����EW��m�
ME���:W�AD®�	³AH��XH�������B	D��AD®%X�	D������I#� CE���FMEAH�EW ��CE�O
��	³¾�
�_J�AªW XvJ�� CEIR	³��C��F$��
�-XH���I�®�I�JK���
CE��
���	B¾�
�-J�AªW XvJ �	�½E��
�I.� CE� (r, θ, φ) X ¬D��WSJK���F���ªCEXv��IKAD�E�:�CEI ¬vXH�������_Z



















X = −Bθ

Y = Bφ

Z = −Br

¹ ���aW�AD®�	³AH��XH�������0W X, Y ��� Z X ��� ��<�	�
I�®������ MEI�
���W����®������J�~	uXH
j��I�
dME��� 	BAH��������I���J����
���J�JK��� � CE��Z

X =
1

r sin θ

∂

∂φ
(Vint + Vmag + Viono)

W f�µ � X

Y = −
1

r

∂

∂θ
(Vint + Vmag + Viono)

W f�µ ¯ X

Z =
∂

∂r
(Vint + Vmag + Viono)

W f�µzfDX
¹ ���N®�����CE
���NMEC�W¡½uXH®�	|®%X�	D������I#� CE�S���

����j��
�<	E
�������������� �SCE��W Xv
�XHW���¾�
��/½E�����
�A ·

	D¾��E�$ME�%	uXH
j�[J���CE
�~�uXv��C�
�����1JK��CE
��~	BAD�I ��I�AH�E���RJ���CE
� � 
���ªC����EW����<���~J���C�
�[	E
���W�I��IKAD�E� µ



e �pN O z,P���zJP xjR z,P�� t � P xjR�� �^TDz0yRz t ��� zIRUR z e �

o»AHCE�VW¡½EADIK�I����AD���VME�:J����1	E
����������
t���<ME��Ck<<	uXH
j��I������vM�� XvG³AD
�M<J����1®%���CE
����*�LJYXL��CE
�� XHW��
ME�_JYX[q���
�
�-���:���E�CEI ���_W���J�JK���:��6³��W���CE�����»XHC=<OXHJ ��I ��CEME���F��Xv���JKJ�IK��XHI�
���� µ

� ��� � � 	  � 	�� ��� 	�� ��� 	������ ��� � ��� ��� 	 ���,� �

L�
 '�
;' g :H& "� &J:� -���$�,"�4  #:H&

����������������������� ����!#"�$&%'�)(+*+*,%'-�.&��$/!+01�2%'"�$���.4365�7'��$�� f98 (':�;�� [ *=<>0@?#.A.&%'���B"���<���0+���2C�.
D �E0F.���$/GH0+���I;��J7'��%+-K� 8�L ����$�$�C�<>0+$/�2"���"�%'�M;9��������$&�NG6%'$/�2���O���P��Q�CR�2C�$�%'7'S����T0U!+���N���
;�C��@0+��0+7'��C�!#"�;9�����V�����2$�� W�%'�9��.X��%'���2"��������20+����.��R�V%#��C�0+��"�YP����.��R�V�����2$��ZQ�C��O"�.�<�Q�S�$�� [\%'$&;
���]Q�C��O"�.�<�Q9S�$��_^#��; 8

�������_` ��a3� 	�b+cRdfe)g#ehc2ifj9b+ckdmlndHlpo1qrg#etsTo+uRsUeRckv1b+dfo1lnctetsOw�bUx+qyiRdHl ��z etshb � b+q>dV{@o z cRq>l4g#ets
g#o1q>qyitets|j>eRq}g�b+q>d�~�e�g#eRckq>lpeRc ��z b+ckd�g#eIsRlp�t�R~�e � ~�oUs�b+q#x#etsNqyo1lnc2s � eRd|bRj�j9b+cRdfeRq}b+q>d|b z
c2itsUe�b zO�t�����Z� 5)� � �\��� � �teRc2�R~�ets\x+ckl�s �+�

L�� "��O<}%'$&�20+������;���.]%'-�.&��$/!+01�2%'"�$���.��O0+7'�9C��2"�YP����.�$�C�.�"�;��=;>0+��.�����GH0�"���YP� � "���.�.�%'���]����.
.�������. D G6%+��$���"�$�;��T��%'��7'�9��.�.�C�$&"���.O;��N;�%'�9��C���.h.���$������T<K%+.�"���"�%'�M59��� D ��0�.&��$&GH0+���
;���7'��%'-}� 8BL ��.T%+-�.���$&!�0��2%+"�$���.I��0+7+��C���"�YP����.I;����O����$�����������.)�2C���%'"���.);����2%'�9����.N����.
!�0+$�"�0��2"�%'��.\��0+7+��C���"�YP����.=����.&��$20+-9����.�.&��$=����$�$&�T��YP��������.�.�%'�9$�����.,.&%'"������,"����2C�$&"�����$���.
36!�0+$&"E0���"�%'��.�C������E0�"�$��@:�%'�J-9"������R�#��C�$�"�����$&��.�3H%'$�0+7'�I�O0+7'��CR�2"�YP���@: 8 ^#��$O��0�5>7'��$&�T� 8 �9�
��%'�9. ��%'���2$&%'��.��E0�!�0+$�"�0��2"�%'�|.�C�������0+"�$&� D � � %'-�.&��$/!+01�2%'"�$���;��4�AQ>0+��-}%'���E0=�>%'$��R� ;9��<���"�.
.�%+��"��9.&�t0����E01�2"�%+�h��� �@¡'¡'�B¢>.��9$4�E0|5>7'�9$��,� 8¤£ �}�9%'��.]<�$�C�.�������%'��.�����.]��0+7+��C���%'7'$20��O����.
; � ����¥&%'��$��@0����������]; � ����¥&%'��$�<K��$&����$�-}C_0+�I�O���O��%'-9.���$/!�0��2%'"�$�� 8

�A��<}����;�0+���@�X.�"Z����.=%'-9.���$/!�0��2%'"�$���.,<�$&C�.&�����2���P��;��O�9%'��-�$&�����¦<�$&C���"������¦0@!�0+���t0�7'��.��
����.§����.��9$���.��R¨y��������C���. ���A.�%'����<>0+.§��%'�1¥&%'�9$�.§;�����04�������AYP�>0+��"��2C ; � ����%'-�.���$&!�0���%'"�$&� D
� � 0+�9��$�� 8ª© ��.]Q�C���C�$&%'7'C��9C�"���C�.];��������9$������4;>0+��.�����.\��C���Q�%#;���.�;��_�O��.���$&�,���2"���"�.&C���. 8>L 0



��� �����	�
����������	�����������
���
������� ��!#"$���%�&�'�����(�&��

1880 1900 1920 1940 1960 1980 2000
Time (years)

−80

−40

0

40

80

dZ
/d

t (
nT

/y
r)

0

20

40

60

80

dY
/d

t (
nT

/y
r)

−20

0

20

40

60

dX
 /d

t (
nT

/y
r)

)+*-,/.A`10�`3254 b+cklHb+dHlpo1q�sUit� z ~ b+lnc2e,w�ets z ctite76h~98;:�uRsUeRckv1b+dfo1lncte � b+dHlpo1q}b+~Vg#e=<�>9b+w�uRo1qF~ b
? o1cA@Rd �

��"�.&�\���)<��E0+���4;��)$&C�.&�@0+�CB [\�EDGF+HT�JI=[KD��ML43NB [\�EDGF��>0��2"�%'�>0+�OF��@0+�QP �2"��O��%'-9.���$/!�0�P
��%'$&?=[]���-R %'$9S�:��2����; D ��������$������,<��E0�����;���.�./�t0+��;�0+$�;�. 81© ��<��9"�.Z�&T'¡ U���T'*]%+-�.���$&!�0��2%+"�$���.
%'���A0+;�Q�C�$�C D ���\�E0+-}����365�7'��$��4� 8 (': 8 Bf��. ;�%'" !'�����A$�C�<}%'��;9$�� D ;���.A��$�" �2S�$���. ;��4YP�>0���"���C����
�R�2$��=��0+<>0+-�����.�;��=��%'�O������"�YP����$�������$�.�����.��9$���.����N������<�.�Y#��0+.�"QPf$�C���� 8

V 
XWZ
ZY []\1^_^ `bac`edgfGhK^_iK\kj�l3mnl$`bdo`edgfGh

L ��.�./�t0���"�%'��.A;���$�C�<KCR�2"���"�%'������<�$�C�.����P�������\<>0+.����4�@0+$�0+����S�$���;9��$�C�<�0+$&��"��2"�%'�h7'��%'->0+�
;���.�%'-�.���$&!�0���%'"�$&��. 8 �A��.��@0+��<>0+7'�9��.�;��=�O��.���$&��.�$�����SR!'�����\���N��¨K���]; � "���" �2"�0��2" !'��. <���$&�pP
�������,�>0��2"�%'�>0+����.��X��������.�"Z� � �KBXI��rq�0N$�C��������O�������2�����2Ch; � ����" G6%'$���"�.&��$=����.�;>01�2��.��
<}%'.�" �2"�%'��.����,��C��2Q9%�;���.=�9�2"���"�.&C���.ts 8�L 0I$�C�<>0+$&��"���"�%'��;���.,./�t0���"�%'��.=��.&���tQ9%'"�.&"�����%'�����
��0I<9����.=Q�%'��%'7'S�����<K%+.�.�"�-�����.&��$,� � ��.�<>0������>0��2"�%'�>0+�V;���<>0@?#.���%'��.&"�;�C�$�C 8�u ���R�����O<����
��.&�\<�$�C�.���������;>0+��.]�E0|5>7'�9$��,� 8wv %yxN����.]<}%'.�" �2"�%+��.�;���.\.&�20��2"�%'��.];��,$&C�<}C���"��2"�%'�I<K%+��$\��0
�>$20���������C���$�%'<}%'��" �t0+"����]���]�E0��A%'$&.��_.�%'���]"��9;�"�YP��C���. 8

z "����)YP���=<�$�C���%'�9"�.�C�.��2%'��.�����. v 0+�9.��>����.�$�������!+C�.].���$����4�2��$�$�0+"��)����<}����!'�������};�0+��.
{-|�}p~��1�������p�p�c�O���n���(�#�#�]���p�A�1�1��� ~��(�Z�X�Z�����p���g��� }p�Z�����n�����X}p���3�N� �(�Z���
����� �c� � ��¡#¡ }&�g~w���#~�}p� � �¢�Z�X�Z�����Z~;}(�������E£&� �¥¤ }p�����(� ¤ �Z~ ¡ ���E�g��£ ¦ �3¤ �Z}p��}(��~��p§e�X�	�p���p�w��~ ¡��N���c�

¨ � �¢�#���#�©���#~�}p�©��� ��¡Z¡ }&�X~����#~�}p�K}�� � ��}p�����(���g�Z~ ¡ �ª�p��£ � ���#}(��}p�¬«�y®
¯ }(~;�3�w�¬�©���p�c�$�X�7���¢� �Z�7���p���1�1��� ~�°��(��� }p�Z��� �N���c� �

±�² ¤�¡ }p��°&�#~�}p�/�
◦ ³ �(£&}p�&� ¤ ��´E���E�X}p�&� ¤ �#�����g�G£�� ¡ £ ¤ � ¤ �(���#~�}p� ¡ £&���µ¦ ��� �c� ´��w��¶�¶ � �#� � � ¡Z¡ �X����� ¤ �

� ¤ � ¤ �o�����+£&���µ¦ · � ��� ¨ ·���~�}p� � �¢�#�X�Z�����#~�}p���p�;��£&� �¥¤ }&£ ¤9¡ ~��+�X� �¥¤ }p���¢« ¡ ~�¸¢°���®b���=�p���p�w��~ ¡ � � · ��� §
� �¢�#�X�Z�����#~�}p���p�y·���~�}p��}�� � }¢�9£&� ¡ « � ��£ � �X}p���¢« ¡ ~�� ¡ g§�´�¹&�����º}p�Z}���°/»(�p�©}(�+����¼N°�~;���;�X�¥½�¾(¾p¿



`30�� �G�e�	�
��������e����� � ������o���y� �����N�
	��'��� � �

0 300 600 900 1200
21140

21160

21180

21200

H
 (

nT
)

0 300 600 900 1200

56

58

60

62

D
 (

nT
)

0 300 600 900 1200
Temps (minutes) 

42550

42560

42570

42580

42590

42600

Z
 (

nT
)

)+*-,/.Z`30 � 2�� iRcklpets=dfeRw4j>o1cteR~n~�ets=g#ets=w�ets z ctets�w�bUx+qyiRdml� z etsn6O~98;:�uRsUeRckv1b+dfo1lncte � b+dHlpo1q}b+~
g#et<�>9b+w�uRo1q�~ b ? o1c�@RdXg z c&b+q>d�~�ets��@o z ckqyitets���b+~ w�e�g z���� w�b+l ��������� x+ckl�s���eRd�j>eRckd z c�uRite
g z�� w�b+l ��������� qyo1lnc�� �

����.ZGH0�"��2.��P-�"�����.�%+�9!'���P���R�2$&�4��¨K���R�2��C�.�0+��.&.�"K<K%'�9���2�9���������������Z���A;��4�O0+��"�S�$��\0+��.&.�"ªG6$�C�P
YP��������� 8�L 0T;9"�.���%'���2"��#�9"��2C��2���O<}%'$���������;9������.&?#.&��S����h; � 0+��YP��"�.�"���"�%'�¦;��h;�%+����C���.���./�
C�!#"�;������2� 8�©�� ������GH0���%'�|<����9.§<�$201�2"�YP�����+"��#GH0+����C�7�0�������������$�0+<�<}������$VYP��������.§��0+�O<�0+7'����.
;���$�C�.��@0����¦;��O$&C�<}C���"��2"�%'��.=����<�$�C�.����P�������|<>0�.,������0+$20����2S�$���<K��$��O0+�����P�h3H"��9G6$20�.&�2$&���pP
�2�9$��+��<}��$&.�%'���9��� 8 8 8 :�;���.�%'-�.&��$/!+01�2%'"�$���. 8�©�� ������<}C�$&"�%#;��);��N�@0+��<>0+7+��� D � � 0+���2$���������.
��"�������;�������.&��$���.]<�0+$20+.&"���C�._3H$&%'�9����.��><�?#� �+����.��>��%'��./�2$&������"�%'��.���C��20+����"�YP����. 8 8�8 :R������.�;9"�.XP
<>0+$&"���"�%'��.V;���-K%'$&����.�;���$&��<}C�$20�7'��%'���E0���$&%'"�.&.20+�9����"�����%'���2$!�'��C���;����E04!'C�7'C��20��2"�%'���'.&%'���
0+�9�20+���=;���GH0+�R�2���9$�.���"��O" �t0+���\� � C��20+-���"�.�.&����������$�0+<�"�;9�����=$&C�7'����"���$�;��|����.=�@0+��<>0+7'�9��. 8
[\%��2%'��.�5>��0+�����O���P�\YP���_����.�./�t0���"�%'��.�;��_$�C�<KCR�2" �2"�%+�N<}��$&�O�R���������4�9���_5����,;9��.���$�"�<9�2"�%'�
;��h�tQ�0+�O<O��0�7'��C���"�YP��� D �2$�0@!'��$&.B�����\<����9. 7'$�0+��;��\$�C�.�%'���9�2"�%'�O.&<>0���"E0+��� 8#" %'�9$A����.Z����$gP
$�" �2%'"�$���.�G6$�0+�$��0+"�.Z����.B�O��.���$&��.B.&%'����0+�9.�.�"}�9��"���"�.�C���.Z<K%'�9$A�E0=��"�.�� D ¥&%+��$A;��\�E0=�@0+$/�2�\;��
;�C�����"��>0+"�.�%'����<���-���"�C����2%'��.�����.���"���Y)0+�9.]<�0+$�� � Bf��.&��"����9�+I=C�%'7'$�0+<�Q�"�Y#�9�=[40���"�%'�>0�� 8



�Ka �����	�
����������	�����������
���
������� ��!#"$���%�&�'�����(�&��

354˚

354˚

356˚

356˚

358˚

358˚

0˚

0˚

2˚

2˚

4˚

4˚

6˚

6˚

8˚

8˚

10˚

10˚

40˚ 40˚

42˚ 42˚

44˚ 44˚

46˚ 46˚

48˚ 48˚

50˚ 50˚

52˚ 52˚

354˚

354˚

356˚

356˚

358˚

358˚

0˚

0˚

2˚

2˚

4˚

4˚

6˚

6˚

8˚

8˚

10˚

10˚

40˚ 40˚

42˚ 42˚

44˚ 44˚

46˚ 46˚

48˚ 48˚

50˚ 50˚

52˚ 52˚

AIL

AUV

BIO

BON

CAL
CLA

CLC

CLF

DEL

DRA

FRA

GAR
HAG

LAM
LEF

LEM

LEO

LIZ

MAI

MAR

MAH

MIG

NAN

NEU

NUR

PLO

QUI

RIE

SAI

SAL

SEG

TUC

VIL

354˚

354˚

356˚

356˚

358˚

358˚

0˚

0˚

2˚

2˚

4˚

4˚

6˚

6˚

8˚

8˚

10˚

10˚

40˚ 40˚

42˚ 42˚

44˚ 44˚

46˚ 46˚

48˚ 48˚

50˚ 50˚

52˚ 52˚

)+*-,/.4`10��32 <�b+cRdfe�g#e�c2ifj9b+ckdmlndHlpo1q�g#ets|sRd b+dHlpo1q9s�g#e�c2ifj>iRdmlndHlpo1q9s|s z cO~ b ? c&b+qy�te�w�iRdmc2o��
j>o1~ lndpb+lnqye�eRdA~ b < o1c2sUe ��� ets|�to�g#ets�g#e_dHc2o1l�s_~�eRdmdHc2ets�sUeRcRv+eRq>dAg#e�g#iRqyo1w|lnq}b+dHlpo1qOj>o z c=~�ets
sRdpb+dmlpo1q9s �

���
	 ������ ����������������������������� ���!���

L ��.�����.&��$���._.�0��2������"��t0�"�$���.40�.�.��9$������_YP�>0+��� D ��������.4�����|��%+�9!'��$&�2�9$���Q�%'��%'7'S��9��;��
��0N.&��$&GH0+���h;�� 7+��%'-}� 8XL ����0+�������O������;��O�E0T��"�.&.�"�%'� HN�JI,^���� 36;���� � 0+�97'�E0+"�.#"7HT�EP
I�������%'�����2��$�^����X������" �2�%$�: ���F�&T UºT,0�<K��$���"�.��#<}%'��$ �E0�<9$�����"�S�$���G6%'"�.���� � 0���YP��"�.&"���"�%'��;��
;�%+����C���.�!'���R�2%'$&"���������. 8 " ����.��t0+$&;�������"V%'���=.&������C�;�CO����.���"�.&.�"�%'��.4.�0��2������"��t0�"�$���.�&�$�./�2��;��
�(']�/H " ���N^��]��P � $&��.&<K�����2" !'���O���P�I��0+����C���.)��� �&TyTyT�� ¥&��"��������O���)��%U!+����-�$&��(+*'*'* 8
L ��.�.20���������"�����.��O0+7'�9C��2"�YP����.�&�$&.&����; ���N�(']�/H " %'���hG6%'��$&��"4;9��.);�%'�9��C���.)Y#�9"4%'���
CR�2C]<>0+$&��"�������"�S�$����O�������9�2"���"�.&C���.�;>0+��. ���]�OC��O%'"�$�� 8 [\%'�9. <�$&C�.&�����2%'�9.A-�$&"�S�!+���������B������$&.
��0+$20+�R�2C�$�"�./�2"�Y#�9��.�;>0+��.�����.�;������N<>0+$�0+7'$20�<�Q���.�.&��"�!�0+���2. 8

V 
ZY�
XW []\ ^�ac`e\*)+)gdo`e\-, jb^'`e\1i

&�$�./�2��;#.B;�����%'� ;9�O<�Q�?#.�"���"�����;�0+��%'"�.Z;9��;�C�-��9� ;��#/KB0/
e
.�"�S������+����.&� ����.�0��2������"��2�

; � "��9"��2"�0��2" !'�];>0+��%+"�.�����0+����C����=(+��G6CR!#$�"���$��&TyTyT 8$" �R�2" ��.20���������"����4; � ���N<K%'"�;�.A��%+�t0+�y;��21�(

kg
�9"�����.&�]��%'�9.&�2" �2��C=; � ���N<K�R�2" ����%'$&<�.���������$20+� 3m0�-�$�" �t0+��������.�.&?#.&��S�����.];��=�>0@!#"�7�0���"�%'�y�
3�|�}p~��1�������p�p�c�O���n���(�#�#�]���p�A�$�X��� £&��~µ� £54��A� ¡ �$�X�y�A���Z}�¼N�9�-� ¡ �A}���� ¡ �#�9£©�



`30 a �G�e�	�
��������e�	�¢�b��� ��� !N�&��! ���� � `

;�����%+�O���9��"���0��2"�%'�|���Z.��9$&!#"��];���.Z"��9.&�2$&���������2.2:�<9$�%'��%'��7'C�<>0+$�����-�$�0+. ;9�\¡
m
3n5>7'��$&�

� 8 1�: 8 �A�������§.&��;�C�<���%'"�� ��%'$&.V;�����0\��"�.&�B���|%'$&-�"����A�R��<K%'$/�2� ����.V;���������0�7'��C���%'��S��2$&��.B�
!'������%'$�"����Z$�����0��2" G=36;>0+��%'"�.��X;��O�f?#<}���>����7�01�2� "_��^�� $�<}%'��$ < o1w4j9b#�Rd � j�>>eRcklp��b+~J< o1ln~
dHcRl �/b��'lHb+~Xv+et�Rdfo1c�w�bUx+qyeRdfo1w�eRd eRc :]�R��.���0+�E0�"�$��,0+-�.&%'���M36G6$20��$�@0+"�.��};����f?#<}� : 4 eRc��=b z sUeRc
��%'����C "	��
 ' $�: 8
L ��.�<�$&"�����"�<>0+����.B��0+$20����2C�$�"�.&�2"�YP����.�%'$&-�"��20+����.B;��=���=.201�2������" �2��.&%'���,�
PZ�����="�������"��>0+"�.�%'��;��

96, 5◦
.&��$�����<���0+�I;��=� � C�����"�<9��"�YP�����

PZ�����=%'$&-�"�����������"�<��2"�YP������;9�_<}C�$&"�7'C������]; � 0+<}%'7'C��=$&��.�<}���R�2" !'���������\;�� 1 v *|���\¡'¡ v
km

�
PZ�����=;�C�$�" !'�=���NQ����9$��_��%#�@0+���4;���P *���T|��"��P�9�2���t¥&%'��$ 8

D��T; � 0+�9��$���.�����$&�O��.�� &�$�./�2��;N���=<�$&C�.������2��<�0+.������=��%'��5>7'��$�0��2"�%'�)Q�C���"�%'./?#���tQ�$�%+���
�O0+"�.\��%'�9!#$&���2%'�9����.�����.�Q�����$���._��%���0+����.4��� D <}����<�$&S�.=¡'*+*_¥&%'��$�.|3H����<}�����O%+"���.\;��
(�� v 0+��.2: 8 Bf�\!'%+��� D �9���F0+� �2"�����;��NC�����!'C��FYP��"����9"\<}��$&�O�R�h���9��%'$&�+� v 0���.)0+<�$&S�.h.&%'�
�E0��������O���P����;���G6%'��$&��"�$�;9��.�;�%'���9C���.];��=YP�>0+��"��2C 8

)+*-,/. `10�32 � e�s�b+d eR~n~ lndfe��]c2sRd e�g � )+*-,/.A`30��O2 � e�s�b+dfeR~n~ lnd e <�� ����� �

V 
oYB
ZY []\ ^�ac`b\*) )gdo`e\��������! 

�('\��H "#" 3H;9�O� � 0+�97'�E0+"�. <�� � ~n~�eRq#x+lnq#x � lnq>l�s�b+dfeR~n~ lndfe � b%$1~�o�b�g :R� ��.&������.�0��2������" �2�
; � "���" �2"�0��2" !'�I0+�������O0+��;9�T0@!+���F������<>0+$&��"���"�<>0���"�%'� "��P����$&�>0��2"�%'�>0+���+����0+����CN���¦� v ¥&�9"��������
(+*'*+* 8 � � ��.&�|�9��.201�2������" �2��0+.�.&��WO��%'��.&C�YP�����P�|�20+������� �O0+.�.&�F3H<9����._;�� v *'*

kg
:=YP� � ���

!'%+��������365>7+��$��=� 8 U': 8 �A����"X<9$�%U!#"������];��N;�%'��-9����%'-#¥&������"�G�;��=�����&�2�=��"�.�.&"�%'�F�>�('\�/H "
� � ��./�����=��¨K���X<>0+. .&���������������X;�C�;�"�C�0+�=7'C�%+��0+7+��C���"�.����V�O0+"�.�;�%'" � C�7�0������������ $&C�<}%'��;�$&�
& |�}p~��1�����©���p�¥�$�X�]�&�¢� �#�]���p��}p�'� ���('*)µ�º}�� ¡ £��p��� £&�����o���p���º�



� � �����	�
����������	�����������
���
������� ��!#"$���%�&�'�����(�&��

;>0���.�.20���%+������<9�2"�%'� D ;9��.���%+�P��$20+"����2��.���"�C���. D .20���"�.&.�"�%+�|; � %+-�.���$&!�0��2"�%'�|;����tQ>0+��<�;��
7'$�0@!�" �2C 8 u �N-�$20+.];�� £

m
�>;9%'���_<�����.]��%+��$&�]YP���_��������" ��%'������<}%'��$ &�$�./�2��;��ª.���<�<}%'$/�2�

����.�"��9.&�2$&���������2.��O0+7'��CR�2"�YP����.��>;����#�I��0�7'��C���%'��S��2$&��.]��^�� ���]������
 ' 8
L ��.�<�$&"�����"�<>0+����.B��0+$20����2C�$�"�.&�2"�YP����.�%'$&-�"��20+����.B;��=���_.20���������"����4.&%'���,�

PZ���9�_"�������"��>0�"�.�%+�h;��
87, 3◦

.&��$�����<���0+�);��=� � C�����"�<9�2"�Y#�9�+�
P��9���|%'$�-9"��2��Y#��0+.�"���"�$������E0�"�$��,����YP�>0�.�"�<}%'�E0+"�$����K; � 0+� �2"�����;��,�O%U?'��������;�� £'v1£

km
3
±

�'*
km

:R�
PZ���9�_;9C�$�" !'�=���NQ�����$��_��%#�@0+���4;���P2��(��O"��#���2��.��t¥&%'��$ 8

�('\��H " ��%+�9!#$����2%'���2��.�����.�Q����9$���.Z��%#�@0�����.V��������!#"�$�%+�N�U(+* ¥&%'��$�.\3 £ ��%'"�.t: 8 Bf��!'%'���
D �����_0+� �2" �2��;��\->0+.&.��_Y#�9" ����"�<}��$&�O�R�������=<�����.�5>���=;�CR�2���R�2"�%'�I;���.�.�%+��$�����.]��$��9.&�t0�����. 8



� �������	��
�� 

������� ��������� ��� ����
 � ��� ����
�� ��� ��� �����

�!��� � 
���� �����

"$#	%'&)(+*-,.&0/1*2&3(5476�/1698:8<;3=>8.6?&A@3B1CEDF,G/IHJ8G%'&0=�%KD9;L4'CM=�&0NO&-/P8<;0=>8.6�,G/Q8R&0;0S
B1;T&-8GHU8G%'&0=WVXDF,G/YCM=$VXDOZF&XVX6[47&0C\(+]_^U=`DWVX6[47&0C_,a(bVc&ADF/18dDeVXD98G%'&0VXD98<,f*TDFC
*T6F/Y(08<;0g'*+8Xh_%7,<*-%iH:h�,<8G%j8G%'&!Di4i4F,<8<,f6F/k6Ll5*2&-;08.DF,G/mNO&-;+nAD9Co,G/Q8R&0;RB1;T&-8.D98<,f6F/I(3H
47&3(+*-;0,fnT&0(p67n3([&0;3NF&A4bBQ%'&-/16FVc&0/1D7]Yq
r 6F%7/msI6F/Wtb&0gKVuD9/Y/?v.wxD98G%'y-VuDi8<,<*-,.&0/>DFVcy0;0,<*2DF,a/YH{zF|~}F�9SAzF|7�I�A�9]

�4<�$&S�.��E0,�O��.���$&��;��I�tQ>0+��<N�O0+7'�9C��2"�YP���4�2��$�$&��.&��$���36�tQ>0+<�" �2$��=�':R�9�9%'��.�$20�<�<K����%'�9.
; � 0+-}%'$�;T����.]��C��2Q9%�;���.4�O0��2Q9C��O0��2"�Y#�9��.��2$�0+;�"���"�%'�9���������������������2"���"�.&C���.]<}%'��$]�E0��O%#;�CpP
��"�.20���"�%'�|;9�h�tQ>0+��<��O0+7'��CR�2"�Y#�9������$&$���./�2$&� 8 D��9.���" �2�+�#���R�����4"�����$�%#;�������"�%'��0+�#��;9C�!'����%'<�P
<}���������2.�����.&C�$&"���.�;9��<K%'� ?#�$�'����.V;9� L ��7'���9;�$������VG6%'������"�%'�9.§Q>0+$&�O%'�9"�YP����.V.�<�Q�C�$�"�Y#�9��.
��%'�9.B��%'�9;���"�� D <�$�C�.����P����$�����.B��%�;9S�����.A;��4�tQ>0+��<)7'C�%'�O0+7'�9C��2"�YP���\%+-9�2���#�9.�<>0+$B���������
��C��2Q9%�;�� 8

� �O� �x� �!� �2������� � � �����>��� ��������� � � ��� � �2�!� �$� ���#� ���
�������(���O�#� ���

���O�J���K�3�5�'���G�Y���O�o�0���� ��0�a�Q���O�:�0�'�I¡J¢����:�3�'£G�1¡-�G�K���¥¤' ��� O�0�K£G���¦¢��u£p�§ O�Y���~¡0�G�'��¢��$��� P
��£G�K¨O�J���K�d�0 ����K�0�~¡-�a�'�`¢��b©~�K�3�<�Kª�£a�O��« [ �'���¬���~�3¡-�K���¬¢��b£m�\�IQ�®�~¡-��¯��0�:�Q���p£G�J�	�K¡-���I¡-�G��£

V¢� °©'�O£a�'���	 u�0���¦�����±�0����¯O�3�c�Y����£G¨��'���Y���5².¡0�'� ¥ �'���3�¥ª��a�O���0³��¥¢��K���¦�����u�0 �¤'�G�'�x¢� O�	�'��� P



�  ��� ���#� !#�¢�e��! � �ª���� � ��� ���b©� � ��! "3����� �¢�����'�! "3�����

©Q���X¢��X�0�K���0¨��O���¦���3 O�0���I¡-�)£G���.�'�0� �u�0���a©~�K�I¡-� �

V (r, θ, φ) = R(r) · Φ(φ) · Θ(θ).
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Kp(t) <= 1+ ; Kp(t +/− 3) <= 2−
Kp(t) <= 2− ; Kp(t +/− 3) <= 2o
Kp(t) <= 2o ; Kp(t +/− 3) <= 2+
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Kp(t) <= 1+; Kp(t +/− 3) <= 2−; local time 22h/6h
Kp(t) <= 1+; Kp(t +/− 3) <= 2−; Sun 5 deg below horizon
Kp(t) <= 2o; Kp(t +/− 3) <= 2+; local time 22h/6h
Kp(t) <= 2o; Kp(t +/− 3) <= 2+ ; Sun 5 deg below horizon
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	 } r�u¼qHsBp�l%u^s9v�mM½9lWm x ÛDi�� } r�uOz�lWo<�9mnv(uÈ|(v�u�qnvAp^qHr�sv5s x ï } r�u
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Our candidate main field model for DGRF 2000.0 has been calculated from all 
available vector and scalar data of ∅rsted satellite, over 1999-2002 period.

Data Selection criteria

1) From April 1999 to September 2002, the number of data is really important and 
allows us to apply strict data selection criteria:

• vector data are used below ±50° absolute geomagnetic latitude,
• scalar data are used above ±50° absolute geomagnetic latitude or when vector data 

are missing,
• outliers are removed using methods based on first and second time derivatives 

(Langlais et al., 1999).

2) In order to minimize the contributions of external fields, two more selection 
criteria have been applied:

a- Data corresponding to periods characterized by the following geomagnetic 
indices are kept:

• Kp(t) ≤1+ and Kp(t ±3) ≤ 2 -
• |Dst(t)| ≤ 5nT and |dDst(t)/dt| ≤3nT/hour

b- We do not use any selection in local time but in order to avoid the 
disturbances produced by the Sun (temperature, particles) on the satellite, we 
decided to keep only the measurements made in the 'real shadow side' of the Earth 
(Chambodut et al., 2003).

Modeling Parameters
After the selection, the data distribution is homogenized. An equiangular grid of 3

°x3° is defined: a maximum of ten measurement locations per bin are randomly sorted 
from each dataset. A geographic weighting scheme is applied on satellite datasets, as in a 
near-polar orbit satellite, there are much more data near the pole than near the equator. 
Such an uneven coverage can be counterbalanced by using normalized weights in 
sin(θ(i)) for each data i at the latitude θ(i). We combined this geographic scheme to 
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another one based on the attitude uncertainty related to a poorer determination of the 
rotation angle around the pointing axis of the Star IMager (SIM) (Holme, 2000).

Modeling 
A first rough model is computed up to degree/order 29 for internal field, 10 for 

secular variation and 2 for external field, with a first degree/order Dst dependence. The 
coefficients are estimated by an iterative least-squares fit and are applied to determine the 
residuals on all the data, which have been selected before homogenization. This model is 
only a preliminary one and allows us to apply a new selection of data; indeed, in the next 
step, only data with residuals inferior to 5 nT, on each component, are kept.

Thus, we obtained a new set of data to which we applied the homogenization 
procedure. Distributions of the homogenized data in space and time are shown on Figures 
1 and 2. The poor number of data during the year 2000 is counterbalanced by the good 
coverage before and after this period during the years 1999 and 2001/2002.

Figure 1: Geographical distribution of scalar (black) and vector (red) ∅rsted satellite 
data used in the computation of the final model (after homogenization).

Figure 2: Temporal distribution of scalar (black) and vector (red) ∅rsted satellite data  
used in the computation of the final model.
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The number of scalar and vector data, after the various selection criteria applied 
for the preliminary and final models, may be resumed in the following table:

Vector Scalar      
after main selection (Dst, Kp,                           1 570 107                                    1 236 184 
'real shadow side'...)
after reduction of the number of data      48 301      38 497  
at random À
after homogenization À         39 093       25 723  
after test on residuals ≤ 5nT          55 090      52 460  
after homogenization          39 366      27 243  
     (À preliminary model ,  final model)                                                                             

 Finally, the spherical harmonic analysis is developed up to degree/order 20 for 
internal field, 10 for secular variation (free up to 8; imposed for degree/order 9 and 10) 
and 2 for external field, with a first degree/order Dst dependence. 

Misfits
The RMS residuals found after three iterations, sufficient for convergence, are:

X  RMS  :   2.49019   nT
Y  RMS  :   3.00761   nT
Z  RMS   :   2.74100   nT

vector total RMS :  2.64766    nT  
scalar total RMS  :  2.75956    nT
         total  RMS  :  2.66898    nT  
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S U M M A R Y

The International Association of Geomagnetism and Aeronomy has recently released the 9th-

Generation International Geomagnetic Reference Field—the latest version of a standard math-

ematical description of the Earth’s main magnetic field used widely in studies of the Earth’s

deep interior, its crust and its ionosphere and magnetosphere. The coefficients were recently fi-

nalized at the XXIII General Assembly of the International Union of Geophysics and Geodesy,

held at Sapporo in Japan in 2003 July. The IGRF is the product of a huge collaborative effort

between magnetic field modellers and the institutes involved in collecting and disseminating

magnetic field data from satellites and from observatories and surveys around the world.

Key words: geomagnetic field model, geomagnetic reference field, IGRF, secular variation.

The IGRF is a series of mathematical models of the Earth’s main

field and its annual rate of change (secular variation). In source-free

regions at the Earth’s surface and above, the main field, with sources

internal to the Earth, is the negative gradient of a scalar potential V ,

which can be represented by a truncated series expansion

V (r, θ, λ, t) = R

nmax
∑

n=1

(

R

r

)n+1 n
∑

m=0

[

gm
n (t) cos mλ

+ hm
n (t) sin mλ

]

Pm
n (θ )

where r , θ and λ are geocentric coordinates (r is the distance from

the centre of the Earth, θ is the colatitude, i.e. 90◦-latitude, and λ

is the longitude), R is a reference radius (6371.2 km); gm
n (t) and

hm
n (t) are the coefficients at time t and Pm

n (θ ) are the Schmidt semi-

normalized associated Legendre functions of degree n and order

m. The coefficients are functions of time and for the IGRF they

are assumed to vary at constant rates for 5-year intervals. For more

details on main-field modelling the reader is referred to Chapman

& Bartels (1940) and Langel (1987).

The coefficients of the 9th-generation IGRF are listed in

Table 1 and are available in digital form from the IAGA web site

www.iugg.org/IAGA and the World Data Centers listed at the end

of this paper, along with software to compute magnetic field val-

ues from them. The new coefficients are the main-field coefficients

for 1995.0 and 2000.0 (these are now definitive) and the secular-

variation coefficients for 2000.0–2005.0. The previous (8th) gen-

eration IGRF was determined by a Task Force at the end of 1999

rather than at IUGG in 1999 July so that as many Ørsted satellite

∗Corresponding author: British Geological Survey, Murchison House, West

Mains Road, Edinburgh EH9 3LA, UK. E-mail: smac@bgs.ac.uk

data could be incorporated as possible (IAGA Division V, Work-

ing Group 8, 2000). Since then, much progress has been made on

producing models of the Earth’s magnetic field with the unprece-

dented amount of good quality satellite data available during the

first half of the International Decade of Geopotential Research. In

order to ensure that the accuracy of the IGRF reflects the high qual-

ity of available data, IAGA decided in 2001 that the 9th-generation

IGRF should be determined at the IUGG meeting in 2003, and that

for 2000.0 the main-field coefficients should extend to degree 13

and be quoted to 0.1 nT precision (to reflect improved instrument

resolution).

As it is unusual to have a revision of the IGRF in a year not close

to the epoch of a constituent main-field model and as this is the

first generation of the model where a definitive set of main-field

coefficients is followed by a set of secular-variation coefficients,

there is a need to update the nomenclature used. Table 2 gives the new

nomenclature that should be used henceforth, and gives a summary

of the history of the IGRF.

It is recommended not to use the term IGRF without reference to

the generation, as then it is difficult to establish which coefficients

were actually used. For example, one cannot recover the original

full-field data from an aeromagnetic anomaly data set in order to

tie it with adjacent surveys if one does not know which generation

of the IGRF was used. It is also recommended that the full name

be used, so that it is more apparent whether the output values are

‘predictive’ and are therefore less accurate.

The International Astronomical Union 1966 spheroid has been

recommended for coordinate transformations when using the IGRF

until now. The parameters of IAU66 are a = 6378.160, b =

6356.775 km. However, the World Geodetic System 1984 datum and

spheroid are more widely recognized as a standard (a = 6378.137,

C© 2003 RAS 1051
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Table 1. Spherical harmonic coefficients of the 9th-generation IGRF (revised 2003).

g/h n m 1900.0 1905.0 1910.0 1915.0 1920.0 1925.0 1930.0 1935.0 1940.0 1945.0 1950.0 1955.0 1960.0 1965.0 1970.0 1975.0 1980.0 1985.0 1990.0 1995.0 2000.0 SV

g 1 0 −31 543 −31 464 −31 354 −31 212 −31 060 −30 926 −30 805 −30 715 −30 654 −30 594 −30 554 −30 500 −30 421 −30 334 −30 220 −30 100 −29 992 −29 873 −29 775 −29 692 −29 619.4 13.3

g 1 1 −2298 −2298 −2297 −2306 −2317 −2318 −2316 −2306 −2292 −2285 −2250 −2215 −2169 −2119 −2068 −2013 −1956 −1905 −1848 −1784 −1728.2 11.6

h 1 1 5922 5909 5898 5875 5845 5817 5808 5812 5821 5810 5815 5820 5791 5776 5737 5675 5604 5500 5406 5306 5186.1 −21.2

g 2 0 −677 −728 −769 −802 −839 −893 −951 −1018 −1106 −1244 −1341 −1440 −1555 −1662 −1781 −1902 −1997 −2072 −2131 −2200 −2267.7 −14.4

g 2 1 2905 2928 2948 2956 2959 2969 2980 2984 2981 2990 2998 3003 3002 2997 3000 3010 3027 3044 3059 3070 3068.4 −3.7

h 2 1 −1061 −1086 −1128 −1191 −1259 −1334 −1424 −1520 −1614 −1702 −1810 −1898 −1967 −2016 −2047 −2067 −2129 −2197 −2279 −2366 −2481.6 −22.7

g 2 2 924 1041 1176 1309 1407 1471 1517 1550 1566 1578 1576 1581 1590 1594 1611 1632 1663 1687 1686 1681 1670.9 −3.6

h 2 2 1121 1065 1000 917 823 728 644 586 528 477 381 291 206 114 25 −68 −200 −306 −373 −413 −458 −11.1

g 3 0 1022 1037 1058 1084 1111 1140 1172 1206 1240 1282 1297 1302 1302 1297 1287 1276 1281 1296 1314 1335 1339.6 −1.1

g 3 1 −1469 −1494 −1524 −1559 −1600 −1645 −1692 −1740 −1790 −1834 −1889 −1944 −1992 −2038 −2091 −2144 −2180 −2208 −2239 −2267 −2288 −3.5

h 3 1 −330 −357 −389 −421 −445 −462 −480 −494 −499 −499 −476 −462 −414 −404 −366 −333 −336 −310 −284 −262 −227.6 5.6

g 3 2 1256 1239 1223 1212 1205 1202 1205 1215 1232 1255 1274 1288 1289 1292 1278 1260 1251 1247 1248 1249 1252.1 −1.2

h 3 2 3 34 62 84 103 119 133 146 163 186 206 216 224 240 251 262 271 284 293 302 293.4 −4.5

g 3 3 572 635 705 778 839 881 907 918 916 913 896 882 878 856 838 830 833 829 802 759 714.5 −8.5

h 3 3 523 480 425 360 293 229 166 101 43 −11 −46 −83 −130 −165 −196 −223 −252 −297 −352 −427 −491.1 −8

g 4 0 876 880 884 887 889 891 896 903 914 944 954 958 957 957 952 946 938 936 939 940 932.3 −2.7

g 4 1 628 643 660 678 695 711 727 744 762 776 792 796 800 804 800 791 782 780 780 780 786.8 2.2

h 4 1 195 203 211 218 220 216 205 188 169 144 136 133 135 148 167 191 212 232 247 262 272.6 1.7

g 4 2 660 653 644 631 616 601 584 565 550 544 528 510 504 479 461 438 398 361 325 290 250 −8

h 4 2 −69 −77 −90 −109 −134 −163 −195 −226 −252 −276 −278 −274 −278 −269 −266 −265 −257 −249 −240 −236 −231.9 1

g 4 3 −361 −380 −400 −416 −424 −426 −422 −415 −405 −421 −408 −397 −394 −390 −395 −405 −419 −424 −423 −418 −403 4.5

h 4 3 −210 −201 −189 −173 −153 −130 −109 −90 −72 −55 −37 −23 3 13 26 39 53 69 84 97 119.8 5.1

g 4 4 134 146 160 178 199 217 234 249 265 304 303 290 269 252 234 216 199 170 141 122 111.3 −1.9

h 4 4 −75 −65 −55 −51 −57 −70 −90 −114 −141 −178 −210 −230 −255 −269 −279 −288 −297 −297 −299 −306 −303.8 −0.3

g 5 0 −184 −192 −201 −211 −221 −230 −237 −241 −241 −253 −240 −229 −222 −219 −216 −218 −218 −214 −214 −214 −218.8 −1.4

g 5 1 328 328 327 327 326 326 327 329 334 346 349 360 362 358 359 356 357 355 353 352 351.4 0.7

h 5 1 −210 −193 −172 −148 −122 −96 −72 −51 −33 −12 3 15 16 19 26 31 46 47 46 46 43.8 −0.3

g 5 2 264 259 253 245 236 226 218 211 208 194 211 230 242 254 262 264 261 253 245 235 222.3 −2.6

h 5 2 53 56 57 58 58 58 60 64 71 95 103 110 125 128 139 148 150 150 154 165 171.9 1.5

g 5 3 5 −1 −9 −16 −23 −28 −32 −33 −33 −20 −20 −23 −26 −31 −42 −59 −74 −93 −109 −118 −130.4 −1.2

h 5 3 −33 −32 −33 −34 −38 −44 −53 −64 −75 −67 −87 −98 −117 −126 −139 −152 −151 −154 −153 −143 −133.1 2

g 5 4 −86 −93 −102 −111 −119 −125 −131 −136 −141 −142 −147 −152 −156 −157 −160 −159 −162 −164 −165 −166 −168.6 0

h 5 4 −124 −125 −126 −126 −125 −122 −118 −115 −113 −119 −122 −121 −114 −97 −91 −83 −78 −75 −69 −55 −39.3 3.8

g 5 5 −16 −26 −38 −51 −62 −69 −74 −76 −76 −82 −76 −69 −63 −62 −56 −49 −48 −46 −36 −17 −12.9 −0.2

h 5 5 3 11 21 32 43 51 58 64 69 82 80 78 81 81 83 88 92 95 97 107 106.3 −0.5

g 6 0 63 62 62 61 61 61 60 59 57 59 54 47 46 45 43 45 48 53 61 68 72.3 0.4

g 6 1 61 60 58 57 55 54 53 53 54 57 57 57 58 61 64 66 66 65 65 67 68.2 0.3

h 6 1 −9 −7 −5 −2 0 3 4 4 4 6 −1 −9 −10 −11 −12 −13 −15 −16 −16 −17 −17.4 −0.7

g 6 2 −11 −11 −11 −10 −10 −9 −9 −8 −7 6 4 3 1 8 15 28 42 51 59 68 74.2 0.7

h 6 2 83 86 89 93 96 99 102 104 105 100 99 96 99 100 100 99 93 88 82 72 63.7 −1.8

g 6 3 −217 −221 −224 −228 −233 −238 −242 −246 −249 −246 −247 −247 −237 −228 −212 −198 −192 −185 −178 −170 −160.9 1.9

h 6 3 2 4 5 8 11 14 19 25 33 16 33 48 60 68 72 75 71 69 69 67 65.1 −0.2

g 6 4 −58 −57 −54 −51 −46 −40 −32 −25 −18 −25 −16 −8 −1 4 2 1 4 4 3 −1 −5.9 −1.7

h 6 4 −35 −32 −29 −26 −22 −18 −16 −15 −15 −9 −12 −16 −20 −32 −37 −41 −43 −48 −52 −58 −61.2 −0.4

g 6 5 59 57 54 49 44 39 32 25 18 21 12 7 −2 1 3 6 14 16 18 19 16.9 −0.5

h 6 5 36 32 28 23 18 13 8 4 0 −16 −12 −12 −11 −8 −6 −4 −2 −1 1 1 0.7 −0.2

g 6 6 −90 −92 −95 −98 −101 −103 −104 −106 −107 −104 −105 −107 −113 −111 −112 −111 −108 −102 −96 −93 −90.4 0.7

h 6 6 −69 −67 −65 −62 −57 −52 −46 −40 −33 −39 −30 −24 −17 −7 1 11 17 21 24 36 43.8 1.5

g 7 0 70 70 71 72 73 73 74 74 74 70 65 65 67 75 72 71 72 74 77 77 79 0.2

g 7 1 −55 −54 −54 −54 −54 −54 −54 −53 −53 −40 −55 −56 −56 −57 −57 −56 −59 −62 −64 −72 −74 −0.1

h 7 1 −45 −46 −47 −48 −49 −50 −51 −52 −52 −45 −35 −50 −55 −61 −70 −77 −82 −83 −80 −69 −64.6 0.7

g 7 2 0 0 1 2 2 3 4 4 4 0 2 2 5 4 1 1 2 3 2 1 0 −0.3

h 7 2 −13 −14 −14 −14 −14 −14 −15 −17 −18 −18 −17 −24 −28 −27 −27 −26 −27 −27 −26 −25 −24.2 0.3

g 7 3 34 33 32 31 29 27 25 23 20 0 1 10 15 13 14 16 21 24 26 28 33.3 1.1

h 7 3 −10 −11 −12 −12 −13 −14 −14 −14 −14 2 0 −4 −6 −2 −4 −5 −5 −2 0 4 6.2 0.1

g 7 4 −41 −41 −40 −38 −37 −35 −34 −33 −31 −29 −40 −32 −32 −26 −22 −14 −12 −6 −1 5 9.1 0.7

h 7 4 −1 0 1 2 4 5 6 7 7 6 10 8 7 6 8 10 16 20 21 24 24 0.3

g 7 5 −21 −20 −19 −18 −16 −14 −12 −11 −9 −10 −7 −11 −7 −6 −2 0 1 4 5 4 6.9 0.5

h 7 5 28 28 28 28 28 29 29 29 29 28 36 28 23 26 23 22 18 17 17 17 14.8 −0.8

g 7 6 18 18 18 19 19 19 18 18 17 15 5 9 17 13 13 12 11 10 9 8 7.3 −0.3
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Table 1. (Continued.)

g/h n m 1900.0 1905.0 1910.0 1915.0 1920.0 1925.0 1930.0 1935.0 1940.0 1945.0 1950.0 1955.0 1960.0 1965.0 1970.0 1975.0 1980.0 1985.0 1990.0 1995.0 2000.0 SV

h 7 6 −12 −12 −13 −15 −16 −17 −18 −19 −20 −17 −18 −20 −18 −23 −23 −23 −23 −23 −23 −24 −25.4 −0.1

g 7 7 6 6 6 6 6 6 6 6 5 29 19 18 8 1 −2 −5 −2 0 0 −2 −1.2 0.5

h 7 7 −22 −22 −22 −22 −22 −21 −20 −19 −19 −22 −16 −18 −17 −12 −11 −12 −10 −7 −4 −6 −5.8 0.2

g 8 0 11 11 11 11 11 11 11 11 11 13 22 11 15 13 14 14 18 21 23 25 24.4 0.1

g 8 1 8 8 8 8 7 7 7 7 7 7 15 9 6 5 6 6 6 6 5 6 6.6 0.2

h 8 1 8 8 8 8 8 8 8 8 8 12 5 10 11 7 7 6 7 8 10 11 11.9 −0.2

g 8 2 −4 −4 −4 −4 −3 −3 −3 −3 −3 −8 −4 −6 −4 −4 −2 −1 0 0 −1 −6 −9.2 −0.5

h 8 2 −14 −15 −15 −15 −15 −15 −15 −15 −14 −21 −22 −15 −14 −12 −15 −16 −18 −19 −19 −21 −21.5 0.1

g 8 3 −9 −9 −9 −9 −9 −9 −9 −9 −10 −5 −1 −14 −11 −14 −13 −12 −11 −11 −10 −9 −7.9 0.2

h 8 3 7 7 6 6 6 6 5 5 5 −12 0 5 7 9 6 4 4 5 6 8 8.5 0.3

g 8 4 1 1 1 2 2 2 2 1 1 9 11 6 2 0 −3 −8 −7 −9 −12 −14 −16.6 −0.4

h 8 4 −13 −13 −13 −13 −14 −14 −14 −15 −15 −7 −21 −23 −18 −16 −17 −19 −22 −23 −22 −23 −21.5 0.4

g 8 5 2 2 2 3 4 4 5 6 6 7 15 10 10 8 5 4 4 4 3 9 9.1 0.2

h 8 5 5 5 5 5 5 5 5 5 5 2 −8 3 4 4 6 6 9 11 12 15 15.5 0.1

g 8 6 −9 −8 −8 −8 −7 −7 −6 −6 −5 −10 −13 −7 −5 −1 0 0 3 4 4 6 7 0.5

h 8 6 16 16 16 16 17 17 18 18 19 18 17 23 23 24 21 18 16 14 12 11 8.9 −0.3

g 8 7 5 5 5 6 6 7 8 8 9 7 5 6 10 11 11 10 6 4 2 −5 −7.9 −0.7

h 8 7 −5 −5 −5 −5 −5 −5 −5 −5 −5 3 −4 −4 1 −3 −6 −10 −13 −15 −16 −16 −14.9 0.4

g 8 8 8 8 8 8 8 8 8 7 7 2 −1 9 8 4 3 1 −1 −4 −6 −7 −7 0.4

h 8 8 −18 −18 −18 −18 −19 −19 −19 −19 −19 −11 −17 −13 −20 −17 −16 −17 −15 −11 −10 −4 −2.1 0.4

g 9 0 8 8 8 8 8 8 8 8 8 5 3 4 4 8 8 7 5 5 4 4 5

g 9 1 10 10 10 10 10 10 10 10 10 −21 −7 9 6 10 10 10 10 10 9 9 9.4

h 9 1 −20 −20 −20 −20 −20 −20 −20 −20 −21 −27 −24 −11 −18 −22 −21 −21 −21 −21 −20 −20 −19.7

g 9 2 1 1 1 1 1 1 1 1 1 1 −1 −4 0 2 2 2 1 1 1 3 3

h 9 2 14 14 14 14 14 14 14 15 15 17 19 12 12 15 16 16 16 15 15 15 13.4

g 9 3 −11 −11 −11 −11 −11 −11 −12 −12 −12 −11 −25 −5 −9 −13 −12 −12 −12 −12 −12 −10 −8.4

h 9 3 5 5 5 5 5 5 5 5 5 29 12 7 2 7 6 7 9 9 11 12 12.5

g 9 4 12 12 12 12 12 12 12 11 11 3 10 2 1 10 10 10 9 9 9 8 6.3

h 9 4 −3 −3 −3 −3 −3 −3 −3 −3 −3 −9 2 6 0 −4 −4 −4 −5 −6 −7 −6 −6.2

g 9 5 1 1 1 1 1 1 1 1 1 16 5 4 4 −1 −1 −1 −3 −3 −4 −8 −8.9

h 9 5 −2 −2 −2 −2 −2 −2 −2 −3 −3 4 2 −2 −3 −5 −5 −5 −6 −6 −7 −8 −8.4

g 9 6 −2 −2 −2 −2 −2 −2 −2 −2 −2 −3 −5 1 −1 −1 0 −1 −1 −1 −2 −1 −1.5

h 9 6 8 8 8 8 9 9 9 9 9 9 8 10 9 10 10 10 9 9 9 8 8.4

g 9 7 2 2 2 2 2 2 3 3 3 −4 −2 2 −2 5 3 4 7 7 7 10 9.3

h 9 7 10 10 10 10 10 10 10 11 11 6 8 7 8 10 11 11 10 9 8 5 3.8

g 9 8 −1 0 0 0 0 0 0 0 1 −3 3 2 3 1 1 1 2 1 1 −2 −4.3

h 9 8 −2 −2 −2 −2 −2 −2 −2 −2 −2 1 −11 −6 0 −4 −2 −3 −6 −7 −7 −8 −8.2

g 9 9 −1 −1 −1 −1 −1 −1 −2 −2 −2 −4 8 5 −1 −2 −1 −2 −5 −5 −6 −8 −8.2

h 9 9 2 2 2 2 2 2 2 2 2 8 −7 5 5 1 1 1 2 2 2 3 4.8

g 10 0 −3 −3 −3 −3 −3 −3 −3 −3 −3 −3 −8 −3 1 −2 −3 −3 −4 −4 −3 −3 −2.6

g 10 1 −4 −4 −4 −4 −4 −4 −4 −4 −4 11 4 −5 −3 −3 −3 −3 −4 −4 −4 −6 −6

h 10 1 2 2 2 2 2 2 2 2 2 5 13 −4 4 2 1 1 1 1 2 1 1.7

g 10 2 2 2 2 2 2 2 2 2 2 1 −1 −1 4 2 2 2 2 3 2 2 1.7

h 10 2 1 1 1 1 1 1 1 1 1 1 −2 0 1 1 1 1 0 0 1 0 0

g 10 3 −5 −5 −5 −5 −5 −5 −5 −5 −5 2 13 2 0 −5 −5 −5 −5 −5 −5 −4 −3.1

h 10 3 2 2 2 2 2 2 2 2 2 −20 −10 −8 0 2 3 3 3 3 3 4 4

g 10 4 −2 −2 −2 −2 −2 −2 −2 −2 −2 −5 −4 −3 −1 −2 −1 −2 −2 −2 −2 −1 −0.5

h 10 4 6 6 6 6 6 6 6 6 6 −1 2 −2 2 6 4 4 6 6 6 5 4.9

g 10 5 6 6 6 6 6 6 6 6 6 −1 4 7 4 4 6 5 5 5 4 4 3.7

h 10 5 −4 −4 −4 −4 −4 −4 −4 −4 −4 −6 −3 −4 −5 −4 −4 −4 −4 −4 −4 −5 −5.9

g 10 6 4 4 4 4 4 4 4 4 4 8 12 4 6 4 4 4 3 3 3 2 1

h 10 6 0 0 0 0 0 0 0 0 0 6 6 1 1 0 0 −1 0 0 0 −1 −1.2

g 10 7 0 0 0 0 0 0 0 0 0 −1 3 −2 1 0 1 1 1 1 1 2 2

h 10 7 −2 −2 −2 −2 −2 −2 −2 −1 −1 −4 −3 −3 −1 −2 −1 −1 −1 −1 −2 −2 −2.9

g 10 8 2 2 2 1 1 1 1 2 2 −3 2 6 −1 2 0 0 2 2 3 5 4.2

h 10 8 4 4 4 4 4 4 4 4 4 −2 6 7 6 3 3 3 4 4 3 1 0.2

g 10 9 2 2 2 2 3 3 3 3 3 5 10 −2 2 2 3 3 3 3 3 1 0.3

h 10 9 0 0 0 0 0 0 0 0 0 0 11 −1 0 0 1 1 0 0 −1 −2 −2.2

g 10 10 0 0 0 0 0 0 0 0 0 −2 3 0 0 0 −1 −1 0 0 0 0 −1.1

h 10 10 −6 −6 −6 −6 −6 −6 −6 −6 −6 −2 8 −3 −7 −6 −4 −5 −6 −6 −6 −7 −7.4

C ©
2

0
0

3
R

A
S

,
G

JI,
1
5
5
,

1
0

5
1

–
1

0
5

6



���
�
������1� ������ ��

�� ��
� ���

��M� �
�������� ���"

�#���·�$����� ���

N
o
v
em

b
er

1
8

,
2

0
0

3
1

2
:5

8
G

eo
p

h
y

sical
Jo

u
rn

al
In

tern
atio

n
al

g
ji2

1
0

2

1
0
5
4

IA
G

A
,
D

ivisio
n

V,
W

o
rkin

g
G

ro
u
p

8

Table 1. (Continued.)

g/h n m 1900.0 1905.0 1910.0 1915.0 1920.0 1925.0 1930.0 1935.0 1940.0 1945.0 1950.0 1955.0 1960.0 1965.0 1970.0 1975.0 1980.0 1985.0 1990.0 1995.0 2000.0 SV

g 11 0 2.7

g 11 1 −1.7

h 11 1 0.1

g 11 2 −1.9

h 11 2 1.3

g 11 3 1.5

h 11 3 −0.9

g 11 4 −0.1

h 11 4 −2.6

g 11 5 0.1

h 11 5 0.9

g 11 6 −0.7

h 11 6 −0.7

g 11 7 0.7

h 11 7 −2.8

g 11 8 1.7

h 11 8 −0.9

g 11 9 0.1

h 11 9 −1.2

g 11 10 1.2

h 11 10 −1.9

g 11 11 4

h 11 11 −0.9

g 12 0 −2.2

g 12 1 −0.3

h 12 1 −0.4

g 12 2 0.2

h 12 2 0.3

g 12 3 0.9

h 12 3 2.5

g 12 4 −0.2

h 12 4 −2.6

g 12 5 0.9

h 12 5 0.7

g 12 6 −0.5

h 12 6 0.3

g 12 7 0.3

h 12 7 0

g 12 8 −0.3

h 12 8 0

g 12 9 −0.4

h 12 9 0.3

g 12 10 −0.1

h 12 10 −0.9

g 12 11 −0.2

h 12 11 −0.4

g 12 12 −0.4

h 12 12 0.8

g 13 0 −0.2

g 13 1 −0.9

h 13 1 −0.9

g 13 2 0.3

h 13 2 0.2

g 13 3 0.1

h 13 3 1.8

g 13 4 −0.4

h 13 4 −0.4
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Table 1. (Continued.)

g/h n m 1900.0 1905.0 1910.0 1915.0 1920.0 1925.0 1930.0 1935.0 1940.0 1945.0 1950.0 1955.0 1960.0 1965.0 1970.0 1975.0 1980.0 1985.0 1990.0 1995.0 2000.0 SV

g 13 5 1.3

h 13 5 −1

g 13 6 −0.4

h 13 6 −0.1

g 13 7 0.7

h 13 7 0.7

g 13 8 −0.4

h 13 8 0.3

g 13 9 0.3

h 13 9 0.6

g 13 10 −0.1

h 13 10 0.3

g 13 11 0.4

h 13 11 −0.2

g 13 12 0

h 13 12 −0.5

g 13 13 0.1

h 13 13 −0.9

Table 2. Summary of nomenclature and IGRF history.

Full name Short name Valid for Definitive for

IGRF 9th generation (revised 2003) IGRF-9 1900.0–2005.0 1945.0–2000.0

IGRF 8th generation (revised 1999) IGRF-8 1900.0–2005.0 1945.0–1990.0

IGRF 7th generation (revised 1995) IGRF-7 1900.0–2000.0 1945.0–1990.0

IGRF 6th generation (revised 1991) IGRF-6 1945.0–1995.0 1945.0–1985.0

IGRF 5th generation (revised 1987) IGRF-5 1945.0–1990.0 1945.0–1980.0

IGRF 4th generation (revised 1985) IGRF-4 1945.0–1990.0 1965.0–1980.0

IGRF 3rd generation (revised 1981) IGRF-3 1965.0–1985.0 1965.0–1975.0

IGRF 2nd generation (revised 1975) IGRF-2 1955.0–1980.0 –

IGRF 1st generation (revised 1969) IGRF-1 1955.0–1975.0 –
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b = 6356.752 km). Present-day satellite magnetic data are mostly

positioned using WGS84 but for other data we are often unaware

which datum is used. Differences in output IGRF magnetic field

values at the Earth’s surface are less than 1 nT when the change

of spheroid is made. It is recognized that some software already

in circulation uses WGS84. It is therefore recommended that the

WGS84 spheroid is used for coordinate transformations for the

IGRF.

The 9th-generation IGRF coefficients were computed from can-

didate sets of coefficients produced by the participating members

of IAGA Working Group V-8 listed in this paper. Their institutes

and the many organizations involved in operating magnetic survey

satellites, observatories, magnetic survey programmes and World

Data Centers are to be thanked for their continuing support of the

IGRF project.
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Fig. 8. Representationof the sphericalharmonicl = 9, m = 4 (a) directly and (b) in the basisof the 1000 wavelets(1: North pole of the
sphere,2: Mollweide projection).

generate.However, as the number of wavelets in-
creases,they may becomelessandlessindependent.
A manifestationis seen in the covariance matrix,
which becomesless and less positive-definite.The
simple least-squaresmethodwe have usedcan be-
comenumericallyunstable.But if the collection is a
frame,thenothernumericalmethodsexist to invert the

Fig. 9. Representationof the sphericalharmonic l = 9, m = 4 in the frame of the 200 wavelets (left: North pole of the sphere;right:
Mollweide projection).

datain astableway andthestabilityof thealgorithms
doesnot dependon thenumberof waveletsused.

4.2.2. Approximationof a sphericalharmonic
in thewaveletframe

To approximatea sphericalharmonicin a wavelet
frame is more important,as thereafterit is possible
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Fig. 10. The geographicaldistribution of the 145 observatoriesused(Mollweide projection).

Fig. 11. The total intensity of the geomagneticfield (nT) obtainedfrom a sphericalharmonicmodel,with degree/order10 (Langlaisand
Mioara, 2000) (Mollweide projection).

Fig. 12. The total intensity of the geomagneticfield (nT) obtainedfrom a waveletsmodel of 100 waveletswith a1 = 5 to a100 = 1.25
(Mollweide projection).
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Fig. 13. Residuals between the two models (spherical harmonic analysis-wavelet basis) (Mollweide projection).

Fig. 14. Residuals (observed minus predicted values) between (top) observatory data and spherical harmonic model; (bottom) observatory
data and wavelet model. Code is as follows: red colour for positive differences, blue colour for negative differences; absolute values larger
than 600 nT: full large circles; absolute values between 300and 600 nT: full small circles; absolute values smaller than 300 nT: dots.
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1 bBc�dfe�ghc,ije[klgjm�nRm�o�pJe[q�c�r[sZp�ijkutjq.m�m�iYv�c�wup e[q�c�r[sZp�ixkutyq.m[z|{�}�~U�[�[�[��zQ�MsZt�ijklij�Zi�nRm
v)���Rtyk����Zm�nR��o�wue[d�m�nRm�v�c,gjkut zf�RzZ�Zw�c�� m��[�Ztytykum �Qzf�[�[�[�[��v^c,gxkut���mJnRm����2��z��Rgxc�sZ� m
2 bQc[dfe�gxc,ije2k�gxm�nZm�oEgxc���kuq.p�iygjkum�m�i�o�p e�n��Rs�c�q�k����Zm[zZ��p ��c,gyixm q.m s�i
nRm1o�p e[�Z���Rtyk�����m� ��c,ijk�c�wum�m�i�v�w�c�s�p�ixc�klgjm[zQ{�}�~U���[�[��zQ�MsZt�ijklij�Zi�nZm�v)���Rtyk����Zm1nR� o�wue[d�m�nRm�v�c,gjkut z|�Rz
��w�c�� m��[��tytykum �|zf�[�[�[�[��v�c,gjkut���mJnRm����2��zf�Zgxc�sZ� m
3 bQc�d�e�gxc,ije[klgjm¡nRm�~
mJ�x�Zm�gx�x�Zm�m s¢o�p e�nRpJtykum[zB�MsZt�ijklij�Zi�o�p e[r�gxc��Z�Zk����Zm�£�c,ijkue[sfc�w¤z^�2¥�¦
c��2m s��Zm4§�w�c�kutym0v�c�ty�Jc[w¨z���klixp���m ty��c,gyijm t z�����c�q��Zt�©ªty�Rgj©M}�c,gjs�m[z¡�[�,���[�«}-c,gjsZm�©ªw�c,©¬ c�wuwup m���mJnRm��-��zf�Rgxc�sZ� m
4 ��m ��c,gyijq�m s�iEe�;®E�Z�ZwukumJn]c�sfn-�Ms�nR��t�iygjk�c�w)}-c,ij�Zm q�c,ixku� t z|{�sZku�2m�gjtykliM�-e�;v^e�ijtjnZc�q-z
®Eq¯£Em ��m s�v^c�w�c�kut�°J��zZ��©x° �[�2�[��z�v^e�ijtjn�c�q�z�o�m�gjq¡c�s��

±?²^³ ´ µ�¶f·[´
v^e�ijm s�ijk�c�w¹¸fm w�nRt�c,gjm�� w�c�tytyku��c�wuwl��gjm �RgjmJtym s�ixmJn¡e[s?ij�Zm�ty�Z��m�gjm��ZtykusZr1ty���Zm�gjku�Jc�w|��c,gxq.e[sZku� t º» eJ¼;m �2m�gJz�ij�Zkut�nRmJ� e[q.��e[tyklijkue[s]wumJc[nRt�ije¡s��Zq.m�gjku��c�wBnRkl½.� ��wlijkum t�¼��Zm s¾nZc,ixc.ije¡dfm�q�e�nRm wuwumJn

c,gjm]�ZsZm ��m sZwl�(nRkut�iygjkudZ�ZijmJn�e�g¡� e,�2m�g�c¾gxm r[kue[s�c�w�¿ e[sZm[ºÁÀQe'e,�2m�gj� e[q�m�ij�Zkut?n�gxcJ¼�d�c��hÂfz�¼�m
nRm �2m wue[�¾c¡sZm ¼Ágxm �Rgjm tym s�ixc,ijkue[s¾e�%ij�Zm�q�c�r[sZm�ixku��c�sfn�ix�Zm�r�ghcJ��kliL��¸�m w�nZtEdfc�tymJn]e[s�¼;c��2m wum�i
Ãgxc�q�m t º

�Ms¢ij�Zkut1��c���m�gJz�¼;m?¸Zgjt�i�nRm tj��gjkudfm?��eJ¼Äije]dZ��kuw�n ¼�c��2m wum�i1Ãgxc�q�m t1e[s'ij�Zm¡ty�Z�Zm gjm[º6À;�Zm
�x��e[tym s�Ågxc�q�m t
c,gjm�d�c�tymJn-e[s�ij�Zm�vBe[kutjtye[s]q���wlijku�fe[wum�¼;c��2m wum�ijt zf¼��Zku�h�-c,gjm�e��ty��m � k�c�wBkus�ijm�gy©
m t�i�¨e�g�r[m e[�Z���Rtyku�Jc�w�q.e�nRm wuwukusZrRz|tykus�� m1ij�Zm klg�ty��c�wukusZr���c,gxc�q�m�ijm�g�kut�wukusZÂ2mJn-ije¡ij��m1q1�Zwlijku��e[wum
nRm �Rij�'Æ » e[wuty�h�ZsZm k�nRm�g�ÇxÈ
É2Ê�Ëuz����[�2Ì2Íhº�À;��m�kuq��Zwum q.mJs�ixc,ixkue[s�e��¼�cJ�2m wum iEÅgxc�q.m tEgjm ty��wlijtEÃgje[q
c.nRkutj��gjm�ijku¿Jc,ijkue[s]e��ij�ZmY� e[s�ijkus��Ze[��t�¼;c��2m wum�i
iygxc�sZt�¨e�gjq�kus�ty��c��Jm�c�s�n�ty�Jc�wum[º�Î6mYc�wutye¡dZ�Zkuw�n
nRklÏ¹m�gjm s�i�Ãgxc�q�m t��ZtykusZr¡iM¼�e?Â�kus�nZtEe�;ty�Z�Zm gjku�Jc�w�q.m ty�Zm t�c�s�n¾��c,gjkue2�Zt�ty�Jc�wum�tymJ���Zm s�� m t º�Î¢m
ij�Zm s]�[c�wuk�nZc,ijm�ij�Zm�q�c,ij��m q�c,ijku�Jc�w^q.m�ix�Ze�n�ij�Rgje[�Zr[�]tykuq��Zwum�¸Zijt
e��ty�Jc�w�c,g�¨�ZsZ��ijkue[sZt�e[s�ij��m
ty�Z�Zm�gxm[z)s�c�q�mJn(Ð ty�Jc�w�c,g¡q.e�nRm wut Ðuº6}�e�gjm e,�2m�gJz�¼;m?�Rgje[��e[tym?q�c�r[s�m�ijku��c�s�n¢r�gxcJ��kliM�6q�e�nRm wut z
gjm�¨m�gygjmJn�ije�c�tYÐ �2m � ije�gjk�c�wQq�e�nRm wutJÐlzZixc�Â�kusZr�kus�ije�c�� � e[�Zs�i
r[m e[�Z���Rtyku�Jc�wQ�Je[sZt�iygxc�kus�ijt º

Î¢m�¸�s�n.cY� e[s���kusZ� kusZr�gjm �Rgjm tym s�ixc,ijkue[s¡e�|ij��m
Ñ)c,gyij�QÐ t�q¡c�r[sZm�ijku�Ec�s�n�r�gxc���kliL�.¸�m w�nRt%Ãgje[q
nZc,ixcYm �2m sZwl��e�g;�ZsZm ��m sZwl��nRkut�iygjkudZ�ZijmJn¹º)��e[q.��c,gxkutye[sZt�e��ix�Zm�e[dRixc�kus�mJn�¼�c��2m wum�i�q�e�nZm wut�¼�klij�
ij�Zm¡kusZklijk�c�w�ty���Zm�gjku�Jc�w;��c,gjq�e[sZku�¡q.e�nZm wut���e[kus�i1e[�Ri�ix�Zm¡c2nR��c[s�ixc�r[m t�e�
¼;c��2m wum�i�q.e�nRm wuwukusZr
¼��Zm s ij�Zm��ZtymJn¾q�c�r[sZm�ijku�.e�gYr�gxc���kliM� nZc,ixc�c,gjm�ty��c,gjtym wl� nZkut�iygjkudZ�RijmJn e�gY� e,�2m�g�Ò��Zt�i�c?��m�gy�
wue��Jc�w^¿ e[sZm[º

ÓQÔZÕ�Ö?×|Ø�Ù%ÚÜÛ�Ý2ÞRß�àÅß�á â�ãfâhä¹å¹ß�æ�çÅè�Ý�à^å¹Ý�æ�é-êRë¹çÅè�â�ã�é�Ý�ìRë�ß,á�çÅè�Ý�ë|í¾ìRæ Ý2Þfç�ájî�ï|ß,à¨í�ð

ñ ò^ó?ô)õ;ö�÷ ø ù
ô%ú,ö�ó

û ê�á?Ý�àÃàEë¹ß[Ý�æhü�ý
Ý�æhá�å4ìRß�êRä¹å�î�âhçÅè�Ý�à;é�ß[ÝRâhþ�æ�ß�é�ß�ë�á�â¡Ý�æ�ß-âhê'çÃé-äQêRæhá�Ý�ë�á�çÅë=þ¹ë|ífß�æ âxá�Ý�ë|í�çÅë¹ì á�å¹ß]ìRß,ê�ü
í�î�ë|Ý�é�ç¨è.ÝRè�á�çÃÞ�çÃájî¾ê�ÿ�êRþ¹æ�ä¹àÅÝ�ë¹ß,á1ÝRâ�á�å¹ß�é�Ý�ìRë�ß,á�çÅè�Ý�ë|í ìRæ Ý�Þ�ç�áxî�ê��|âhß�æ�Þ�Ý�á�çÃêRë|â�ð��'ß[ÝRâhþ¹æ�ß,é-ß�ëZá â�ê�ÿ
áhå¹ß�ý
Ý�æhá�å���â�é-Ý�ìRë¹ß,áhç¨è�Ý�ë|í�ìRæ�Ý�Þ�çÃájî¢ï|ß�àÅí¹â�þ�ë|í�ß�æhá Ý���ß�ë���î(â�Ý�á�ß,àÅàÃçÃáhß[â
	 ÛYç�á�å¹êRþ�á.ÿ êRæ�ìRß,áxá�çÃë¹ì6áhå¹êZâhß
êRë¢à¨Ý�ë|í�ãBâhß[Ý¹ã^Ý�ë|í'Ý�çÅæ��YÝ�æ�ß�ê�ÿ�ä|Ý�æhá�çÅè,þ¹àÅÝ�æ�çÃë�áhß�æ�ß[âjá[ã^Ý�âYá�å¹ß�î6ä¹æ�ê�ÞfçÅí�ß�ìRàÃê��|Ý�à)Ý�ë|í'þ¹ë¹ç�ÿ êRæ�é�âhþ¹æ�ÞRß�î
ê�ÿ)á�å¹ß�âhß.ï|ß,à¨í¹âYÝ�ë|í¾ê�ÿ%áhå¹ß�çÃæYá�ß,é-äQêRæ Ý�à�ß�Þ�êRàÅþ�áhçÅêRë�ð
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n�Z]�he(`.�´e]`bndW!V.Y�Z0V~[�Z(\!^hnd[�`badc\!Y�`be]e(`TnXfhg i#khV!aXc�a±V!¸!^hoT[�Z(pMgh`�[�`bY�Y�`bn�[�Y�`!�vgh^w` chY�`TaXZ]¬bY�`
n�oTY�Z]`Kfh`�aX\/fh¬be]`bn��hZ]aX`Tn�[�Y�Z(`Te(nC`Tn�[�i'V.e(ibgwe(ob`�uOcmV.Y�[�Z]YCfh`Tn�fw\5^h^hoT`bn�fhgXn�V.[�`Te(e]Z][�`<u,e(V�che(gwn
Z(adcB\5Y�[�V!^1[�`�e]\5^h¸5o�W�Zs[�oq³me]`On�V.[�`be]e(Z][�`.W�Y�n�[�`Tfy�
U"`bn§aJ�bad`bnqiTY�Z][�¬bY�`bn fh`�n�oTe(`TiT[�Z]\5^ n�\!^M[XV!cwche(Z]p/gwobn n�gwYq[�\5ghn e]`bn `T^hn�`Taq�he(`Tn§fh`�fh`bg��
ad\5Z(nvfw`,fw\5^h^hoT`bn,³
r,n�oTe(`TiT[�Z]\5^ n�`Te(\5^ e(`Tn Z(^hfwZ(ib`Tn ¸5ob\!a±V!¸!^hoT[�Z(pMgh`bn_³

Kp(t) ≤ 2−
`�[
Kp(t ± 3) ≤ 20 G
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|Dst(t)| ≤ 10 nT
`T[ ∥
∥

∥

dDst(t±3)
dt

∥

∥

∥ ≤ 3 nT.h−1 �
r�n�obe(`TiT[�Z(\5^�n�`Te(\5^�e²xkh`TghY�`Re]\�ibV!e(`q¥�º5º�&*"#"~r@Ò#&4"#"5©��#�
r�ib\5^wn�`bY�W.V.[�Z]\5^°fh`Tnqfh\5^h^wob`bnqW!`bi�[�\5Y�Z(`be]e(`Tn�cB\5ghY�fh`bnqe(V.[�Zs[�ghfw`bn,¸5ob\5aXV!¸5^woT[�Z]pMgh`bn�Z(^w¤4o7r
Y�Z(`bgwY�`bn�u

±50◦
`T[�n�ibV!e0V.Z(Y�`Tn�V!g���khV!gw[�`Tn�e0V.[�Z][�gwfh`bn,¥4c\5gwYKfhZ(adZ(^Mgh`TYve(`TnKib\5^1[�Y�Z(�hg�[�Z(\!^hn

fh`Tn�i#kmV!adchn�`��/[�`TY�^h`Tnb�Bche(ghnKchV!Y�[�Z(ibgwe(Z(¬TY�`TaX`T^M[ve(`bnKiT\5ghY�V!^1[�n2V!e(Z]¸5^hobn�©��
rvkh\5ad\5¸5ob^wobZ(n�V.[�Z]\5^¢n�ghYOe(VXn�cwkh¬bY�`§V�W!`bi iT\5^hn�`TY�W.V.[�Z(\5^jfh`±µ�"±ad`bn�gwY�`bnOchV!Y�n�gwY�¤�V!iT`qfh`
5◦ × 5◦

n�ghY�e0V n�chkw¬bY�`.�
�<`Tn�ibY�Zs[�¬TY�`bn�fw`Kn�obe]`bi�[�Z(\!^ \5^1[«oT[�oKi#kw\5Z(n�Z(nCfh`v¤�V.¶b\5^du>�T[�Y�`Ke]`bn�che]ghnCY�`Tn�[�Y�Z(i�[�Zs¤4nCc\!n�n�Z]�he(`Tn
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Y�obcmV!Y�[�Zs[�Z(\!^_fh`Rfh\5^h^hoT`bn-e0V che]ghn�fh`b^hn�`�`�[-e0V che(gwnKkh\5ad\5¸5¬b^w`,^w`,cB`bY�aX`�[�[�V!^1[2chV!n�gh^h`
che]ghnK¸5Y�V!^hfh`RY�oTn�\5e]gw[�Z]\5^J©7�
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fh`Rfh`Tg���ad\5Z(nT�
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ib\!^M[�Z(^Mgh`-fh`-aX\/fh¬be]`bn�[�\!ghn´e]`bn«fh`Tg��XaX\5Z]n«V'W5`bi2n�`Tghe(`TaX`T^M[´e(`Tn´ad`bn�ghY�`Tn´f xgh^±n�V.[�`be(e]Z][�`!�
T�^_`T�`T[b��W�Y�n�[�`Tf_�hZ(`T^�pMgh`�¤4\5ghY�^hZ(n�n�V!^1[Kfw`bnvfh\!^h^hob`TnKfh`2¤�V.¶b\5^�iT\5^1[�Z]^/gw`�fh`bcwghZ(n�µ !#!#!w�
chY�obn�`T^1[�`<fw`bn%coTY�Z(\/fh`Tn�¥G��ghZ]e(e(`�[6uK\�i�[�\5�wY�`´ºA"#"#"��'fhob�wgw[�`�[6Ñm^qº "#"5Ð1© cB`b^hfhV!^1[�e]`bn�pMgh`Te(e]`bnb�
V!ghiTgh^h`.��\5gX[�Y�\!c±cB`bg�fh`2fh\5^h^wob`bn<`���che(\!Z][#V.�he(`Tn�\!^M[´oT[�o�V!iTpMghZ(n�`bnR¥�W5\5Z]Y�Ñm¸!ghY�`�Òw� &!©��/U"`
n�V~[�`be]e(Zs[�`JW�Y�n�[�`bf ib\5^w^mV.�([�`b^ `T�`T[¯fh¬bn,n�`TnqchY�`TaXZ]`bY�n,Z]^hn�[�V!^1[�n,`b^·W!\5e«fh`bn�chY�\!�he(¬TaX`Tn
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U"`bn�ad\�fw¬be(`Tn2`T^ kmV!Y�aX\!^hZ(pMgh`Tn2n�chkhobY�Z(pMgh`TnO\5�w[�`T^Mghn�cB`bgwW!`b^1[Y�T[�Y�`¯cB`bY�¶bghn�ib\5adaX`
fh`Tn2Z]^hn�[�V!^1[#V!^hoTn2f xgh^¢ad\�fh¬Te(`�W.V!Y�Z0V!�he]`�fmV!^wn2e]`�[�`badchnT���%\5ghn-e(`TnKcmV!Y�V!aX¬�[�Y�`bn�fh`bn2n�o7r
e(`TiT[�Z(\5^hn*fh`vfh\!^h^hob`Tn«`T[�fh`Tn�Z(^1W5`TY�n�Z(\5^hn�n�\5^1[�Z]fh`b^1[�Z]pMgh`bn�fyx�gh^ ad\�fw¬be(`<u�e�xV!gw[�Y�`.�  `Tghewe]`
^h\5a¯�hY�`�fh`�fh\5^h^hoT`bnCcB`bg�[�cmV.Y�¤4\5Z]n���[�Y�`<e(oT¸5¬bY�`bad`b^1[*fhZ]�obY�`b^1[K¥�V!g¯aXV~��Z(a¯gha W.V!Y�Z(V.[�Z]\5^hn
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Kp(t) ≤ 1−
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Kp(t ± 3) ≤ 10 G |Dst(t)| ≤ 5 nT
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∥

∥
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dt
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∥
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n�oTe(`TiT[�Z]\5^ fh`Tn¢{,fh\5^w^hob`TndY�ob`Te(e(`TaX`T^1[qfh`_^MghZs[K� ¥4i#kmV!chZs[�Y�` �h� º/�]µ5�C�<kmV!aq�B\/fhgw[ `�[dV!e��
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Was(t) = βWajα(t) +Wac(t) +Wan(t)
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The rate of secular variation occasionally undergoes a sudden, sharp change, called a geomag-
netic jerk. Such jerks have been detected in geomagnetic time series, centered - over the last four
decades - around 1970, 1980, 1991, and 1999; others have been inferred from historical records.
The geomagnetic jerks represent a reorganization of the secular variation, implying an internal
origin, as established through spherical harmonic and wavelet analysis. However, some charac-
teristics of jerks are not well understood. Here we estimate the occurrence dates for geomagnetic
jerks, as they can be detected from a global geomagnetic model. This choice makes the present
study novel, for two reasons. First, utilizing the comprehensive modelling approach allows for
the use of a secular variation signal free of time-varying external fields and their correspond-
ing induced counterpart, and observatory biases. Second, the model utilizes satellite data when
available, in addition to observatory data. Indeed, POGO (1967 to 1971), MAGSAT (1979 to
1980) Ørsted (1999 to present time) and CHAMP (2000 to present time) satellite measurements
help to separate the different magnetic sources. In this study the CM4 comprehensive model is
used for a global search of geomagnetic jerks and their occurrence dates. Our first result indi-
cates that found geomagnetic jerks might not have been worldwide in occurrence. Moreover, the
obtained dates suggest that jerks detected in the CM4 model over the last four decades occurred
not simultaneously but at slightly different times around 1971, 1980 and 1991.

1. Introduction

The magnetic field, observed on the surface of the Earth, is mainly generated in the external core.

Known as the core field, this is the largest component of the magnetic field, which is believed to be

caused by electrical currents flowing in the Earth’s fluid outer core. In addition to sources in the Earth’s

Copy right c© The Society of Geomagnetism and Earth, Planetary and Space Sciences (SGEPSS); The Seismological Society of Japan; The Volcanological Society of Japan;
The Geodetic Society of Japan; The Japanese Society for Planetary Sciences.
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2 CHAMBODUT AND MANDEA: GEOMAGNETIC JERKS AND COMPREHENSIVE MODELS

core the magnetic field has a sizable contribution from the lithosphere and crust, both from induced

magnetisation from the core field, and also from permanent remnant magnetisation (field frozen into

rocks at the time of their formation). The external magnetic field is generated from magnetic sources

outside the Earth, and is mainly produced by tidal motions in the ionosphere and interactions of the

Earth’s magnetosphere with the solar wind. Another source is the externally induced field by currents

flowing within the Earth’s crust and mantle.

The geomagnetic field varies on a range of scales, both in space and time domains. The external

fields vary on a much shorter time scale than the core field, temporal variation of which is known as

the secular variation. Although the secular variation usually occurs as smooth time changes of the core

field, episodes of abrupt changes have occurred in the past. These are known as geomagnetic jerks or

geomagnetic impulses (Courtillot et al., 1978). A serious limitation regarding the investigation of these

internal processes with time-scales of months to a few years is the effect of geomagnetic variations of

external origin, since they contribute significantly on these time-scales. An immediate consequence is

that some fundamental characteristics of a jerk are not completely identified and still not agreed upon

by researchers; among those are occurrence dates, duration, and their global or local character.

The last topic has been addressed recently (Bloxham et al., 2002). They suggested that jerks can be

explained by a simple model of core dynamics that includes torsional oscillations, and that these events

are strongly dependent on the local magnetic field at the top of the core. To support this hypothesis

Bloxham et al. (2002) referred to the secular variation of the magnetic field at Niemegk (Germany)

and Macquarie Island (Australia) observatories for the period 1950 to 2001. Geomagnetic jerks can be

clearly observed in the East component of the secular variation at Niemegk observatory. At Macquarie

Island, which is approximately antipodal to Niemegk, the secular variation is much less apparent, with

little or no evidence of geomagnetic jerks. The authors claimed that the fact that jerks are most readily

observed at European observatories, are largely confined to one component of the field, and are abrupt,

argues for a local origin, perhaps a magnetic field instability.
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Clearly, the global or local character of geomagnetic jerks and their simultaneity or lack thereof are

important features of these phenomena. In order to make a systematic study of jerks, without any a

priori assumption on their existence, location or form, a wavelet analysis was applied to the monthly

mean series provided by geomagnetic observatories (Alexandrescu et al., 1995; Alexandrescu et al.,

1996). One of the advantages of this analysis is the possibility to detect and date singularities in a

signal, as impulses in monthly mean series. In Alexandrescu et al. (1996), it was shown that the

1969 and 1978 events display an intriguing space-time behavior, consisting of an early occurrence in

the Northern hemisphere, followed by a later one in the Southern hemisphere, generally speaking. In

Nagao et al. (2002), jerks were detected objectively and automatically using the third order spline

function for a geomagnetic time series trend model at a given observatory, and applying this model to

monthly means of each local time obtained from hourly means at 124 observatories. The authors also

showed that the occurrence time for an impulse is slightly different between the Northern and Southern

hemispheres. A much easier method to determine the date when a jerk occurs is to approximate secular

variation time series by straight lines and to consider the intersection point of such lines as the date of an

event (Chau et al., 1981; Stewart and Whaler, 1995). This method was also applied by De Michelis et

al. (1998) and their analysis also showed that on a global scale geomagnetic jerks are not simultaneous.

The above studies generally confirm that geomagnetic jerks are detected with a time lag of a few

years in occurrence dates in the two hemispheres. However, such events have only been witnessed in

ground-based observatories so far, because none have occurred during the effective life time of recent

magnetic satellite missions (Ørsted or CHAMP). The lack of continuous satellite observations of the

geomagnetic field is an important limitation in elucidating where and when a geomagnetic jerk has

occurred. To overcome this problem we used a time varying core field model to describe geomagnetic

jerks. Recently, two geomagnetic models covering long-time periods have been published. One of

these models (Jackson et al., 2000) is based on a new compilation of historical observations, and

covers four centuries. Recently, another available model has been produced by Sabaka et al. (2004)
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covering the time-span 1960-2002. Due to its advantages (see below) this model is chosen in the present

investigation. The initial phase of this kind of comprehensive modeling was first reported in Sabaka and

Baldwin (1993) and the second phase in Langel et al. (1996). A brief description of the last available

model proposed by Sabaka et al. (2004) is given in the following.

The Comprehensive Models (CMs) are constructed from ground-based and satellite geomagnetic

observations. The last published model, denoted CM4 is an extension of CM3 (Sabaka et al., 2002),

and solves simultaneously for core and crustal field, for ionospheric and magnetospheric contributions

(plus their induced counterparts), and for the toroidal magnetic field produced by electrical currents

at satellite altitude. The internal (core and lithospheric) fields are represented by a degree and order

65 internal spherical harmonic expansion, with the secular variation represented by cubic B-splines

through degree and order 13 and a knot spacing of 2.5 yr and extended through mid-2002. The

CM4 model has been derived from the observatory hourly means closest to 01:00 h local time on the

quietest day per month (1960-2000) and hourly means every 2 hr on these quiet days during the POGO

and MAGSAT missions. The quiet time POGO (1967-1971), MAGSAT (1979-1980), Ørsted (1999-

2002), and CHAMP (2001-2002) satellite observations are also used. The use of ground-based and

satellite data together facilitates separation of the various field sources and their spatial and temporal

sampling extents. This is especially helpful when considering, as in the present paper, a core source for

geomagnetic jerks. The comprehensive modeling approach proposed by Sabaka et al. (2004) presents

two major advantages for our analysis, as it covers a recent period of time, when jerks are already

well-detected in observatory data and fits the observatory data in their finer temporal details.

In the following we illustrate how well the CM4 model estimates the geomagnetic data by comparing

the monthly means provided by the magnetic observatories and those computed from this model for the

observatory locations. Thereafter, we search for geomagnetic jerks in time series of monthly means

provided by observatories and in synthetic data computed all over the globe. We focus on the three

well-documented last jerks, detected in 1969, 1979 and 1992 (Le Huy et al., 1998). Finally, maps



� � ��� ���S��� ��� �#����� �A��� �	� ������� �  ��� �D� �^��� �
��� � ���

CHAMBODUT AND MANDEA: GEOMAGNETIC JERKS AND COMPREHENSIVE MODELS 5

indicating jerk occurrence dates over the 1960-2002 time-span are presented and discussed.

2. Data

Two datasets are used in this study. The first one is composed of the monthly mean series provided

by magnetic observatories distributed worldwide1. The length of these series is different from one

observatory to the other; but for the period we are interested in, we updated the existing series with

the most recent published data, getting monthly means up to the end of 2003. A wavelet analysis was

carried out on this dataset in order to determine the occurrence dates for different events.

The second dataset consists of synthetic data. To estimate the magnetic field components at a given

location for a given epoch and for given magnetic conditions (here quiet conditions), we used the

CM4 associated code. This code returns the local X, Y, Z (North, East, Vertical down) components

of the ~B field of the various contributions (core, crust, primary magnetospheric, secondary (induced)

magnetospheric, primary ionospheric, secondary (induced) ionospheric, toroidal magnetic field due to

in-situ radial currents at satellite altitude). In our study only the core field is considered by using the

spherical harmonic expansion up to degree/order 13.

To analyze geomagnetic jerks it is essential to check how well the CM4 model fits the data pro-

vided by observatories. Available observatory monthly means for X, Y, and Z field components are

compared with the synthetic means estimated for the observatory locations. For this comparison all

observatories providing minimum five-year series between 1960 and 2002 are kept. This amounts to

146 observatories shown in Fig. 1.

In the following examples of comparisons between real and synthetic monthly means for six obser-

vatories denoted by their IAGA codes (FRD, GNA, HER, KAK, LER, SIT) and located in different

regions (see Fig. 1 and Table 1) are given. Fig. 2 shows that some nearly-constant differences appear

in synthetic values with regard to the real ones (see for example, the X component for LER, Y for GNA

http://obsmag.ipgp.jussieu.fr
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or LER, and Z for GNA, KAK and SIT). They are due to crustal biases, as only the core field at the

observatory locations is computed. The differences observed in Fig. 2 agree well with the published

crustal biases (Mandea and Langlais, 2002), as shown in Table 1.

One simple way to avoid the crustal field signature is to directly estimate and analyse secular

variation, computed here as the centered difference between two consecutive values:

Ẏ (ti+ 1

2

) =
Y (ti+1) − Y (ti)

ti+1 − ti
. (1)

For secular variation comparison only observatories with continuously series between 1960 and 2002

are kept: only 39 out of the 146 observatories providing data in this time span meet this requirement

(Fig. 1). For these 39 observatories the secular variation has been computed, and thereafter the Ẏ (ti+ 1

2

)

series have been smoothed with a simple 12-month running average to get rid of most of the external

disturbance fields. The results obtained for the same six observatories are presented in Fig. 3. The

secular variation comparison also shows the good agreement between real data and synthetic data

computed from CM4 model. The resemblance, although imperfect – and there is little reason to expect

it to be perfect as the core field computed from CM4 model is compared with real data containing all

sources – is striking. The jerks are particularly clear in the Y component of the secular variation, which

is supposed to be the least affected by the external disturbance fields.

3. Method of analysis

In the following, in order to estimate the secular variation trend for each point on the Earth’s surface,

we assume that in a given time interval [tbegin, tend], a geomagnetic jerk occurs at time t0. We need some

a priori information about the mean epoch for each event and the choice of the [tbegin, tend] interval. To

find the mean epoch for each event we considered the results obtained in detection and characterisation

of geomagnetic jerks in observatory monthly series using the wavelet analysis method. Indeed, the

mean epochs for the 1969 and 1978 jerks have been determined from Alexandrescu et al. (1996),

where a clearly bimodal distribution of the dates of occurrence for these events is shown. For the so-
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called 1969 event a first group of dates is centered on 1969.5 +/- 0.5 and another one 1972.1+/-0.5; their

merging date being around 1971. The dates for 1978 event split into a first group centered on 1977.9

+/- 0.6 and a second one centered on 1981+/- 0.5, with a merging date around 1980. For the 1991

jerk, we applied the same wavelet analysis to monthly mean series beyond 2000, and we obtained an

intriguing bahaviour, consisting of an early arrival in the European and African observatories, followed

by a later arrival at the remaining observatories. The mean epoch is 1990.6 ±1.6 yr. Thus, we consider

1991 the center of the third time interval.

The time interval has been chosen as twice the maximum time lag in the occurrence dates (Alexan-

drescu et al., 1996), [tbegin, tend] = 6 yr. This a priori information is used in the following algorithm.

For the full interval covered by CM4 model we consider the time-span 1965-2000. The first five

years are not kept for the analysis as the synthetic series seems to be more noisy. The year 2000 is

the end of the studied interval, because of possible jerk at the end of the 20th century (Mandea et al.,

2000). So, we focus on the three well-known 1969, 1978, and 1991 events. Each of these jerks is

searched separately, using the best fit by piecewise linear functions over the four intervals. The first

jerk occurring at t01
is searched within the first interval [tbegin, tend] = [1968, 1974]. The Ẏ secular

variation component is approximated by two straight-line segments (from 1965 to 1977, the beginning

years for the real or synthetic monthly series, and for the second interval containing a jerk, respectively)

which best fit the data in the least-squares sense before and after the date t01
:

Ẏ (t) = a1t + b1 for: t ≤ t01
, (2)

Ẏ (t) = a2t + b2 for: t ≥ t01
. (3)

To determine the occurrence time t01
of a jerk, the algorithm searches for a clear change of the slope in

the straight-line segments. Thereafter the algorithm finds the best estimate of the secular variation by

two straight-line segments (in the RMS sense). For example, for the first line segment, the quantity to
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be minimized is:

∑
t |Ẏ (t) − (a1t + b1)|

Nb
−→ minimum (4)

where 1965 ≤ t ≤ t01
and Nb the number of values on this interval.

The same method is applied for the other two investigated intervals. For the second one the chosen

interval is [tbegin, tend] = [1977, 1983] and the straight-line segments have to give the best fit between

the first obtained occurrence date t01
and the beginning of the third interval, i.e. 1988. The last time-

span over which a jerk has been searched is [tbegin, tend] = [1988, 1994]. Finally, three occurrence dates

t01
, t02

and t03
could be obtained for characterizing the three considered jerks.

4. Results

4.1 Analysis at observatory locations

The linear approximation method is applied to the secular variation of the Y component for the 50

observatories, providing continuously monthly means between 1965-2000. We consider it useful to

show again a few comparisons between the results obtained when using real and synthetic data. Fig. 4

shows, for the same six observatories, the secular variation from the real data and its approximation by

straight-line segments (upper panel for each observatory), and the secular variation estimated from the

CM4 model and its corresponding approximation (lower panel).

FRD and GNA are situated at nearly antipodal locations. For both observatories only one event

is very well-defined, the two others being more difficult to be defined. For FRD, the first and third

events are not detected (the series provided by this observatory has an unusual behaviour between

1987-1988). At GNA observatory, the signature of the external field makes it difficult to identify the

two last geomagnetic jerks. HER observatory is situated in an area with a considerable secular variation

rate. Since the establishment of this observatory in 1941, the total field intensity has decreased by 20%,

which is larger than the decrease at any other magnetic observatory. Even in this very dynamic region

approximation by straight-line segments is similar for real and synthetic data.



� � ��� ���S��� ��� �#����� �A��� �	� ������� �  ��� �D� �^��� �
��� � � �

CHAMBODUT AND MANDEA: GEOMAGNETIC JERKS AND COMPREHENSIVE MODELS 9

In the Northern hemisphere, KAK observatory is located in an area with less secular variation.

The first two impulses are well-defined, the last one is suffering from the superimposed external

contributions. LER observatory is a typical example for a region where all three events have been

well determined. Indeed, in the European area, real and synthetic data present the same behaviour, with

the well-known V-shaped pattern for all three jerks. For SIT observatory, in Northern America, the

V-shaped is less accentuated; however, two on three expected jerks have been detected.

The results obtained for these six chosen observatories, applying different techniques (i.e. linear

approximation or wavelet analysis) are summarized in Table 2. The dichotomy noted by Alexandrescu

et al. (1996) in the occurrence dates of jerks, is confirmed: in the Southern hemisphere the first two

jerks seem to occur clearly later than in the Northern hemisphere. For the last jerk, we are not able to

conclude about a such ordering, as the available series, mainly for the Southern hemisphere are not long

enough. With the available series, we observed an intriguing spatio-temporal behaviour, consisting of

an early arrival in the African and European regions.

The above examples indicate some limitations of the linear approximation method in detecting jerks,

comparing with some other methods proposed by Alexandrescu et al. (1996), or Nagao et al. (2002).

However, this linear approximation technique is less complicated, perfectly agrees with the common

definition of jerks, and for synthetic data, as those obtained with the CM4 model, the knots of the

temporal splines used in inversion scheme modeling are not detected (as in the wavelet analysis are).

4.2 Global analysis

The same linear approximation method is applied for a global analysis. We consider the whole

Earth gridded by 1
◦
× 1

◦. In each obtained location at the Earth’s surface, the same approximation by

straight-line segments is applied on Ẏ component of synthetic data. Fig. 5 shows a region of the Earth,

situated between 60
◦N/60

◦S and 80
◦/120

◦E, with plots corresponding to every 20
◦ location. One of

the best detection of jerks is shown in the graph corresponding to 40
◦N /120

◦E, which clearly indicates

the three events. In some other plots only two events are clearly detected (0◦/120
◦E), or even only
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one (40◦S/120◦E). These examples also indicate that some events either do not appear in CM4 model,

or are not clearly detected. This remark is supported by previous results when observatory data have

been analyzed (see again Fig. 4). We can define some “blind” zones, where jerks are not detected. In

order to delimit these areas we computed the difference δ = a2 − a1, for each t0. The obtained range

for δ is ±15 nT/yr2, with a zero-line indicating no change in the straight-line segments tendency. We

considerer that 10% of this extrema interval represents a reasonable limit in defining zones with no

change or too small changes in the straight-line segments tendency. The areas characterised by values

of −1.5 nT/yr2 < δ < 1.5 nT/yr2 are defined as “blind” zones.

The final result of the present study is presented in Figs. 6, 7 and 8. For each interval [tbegin, tend] the

dates detection has been done automatically. The three obtained maps show the occurrence dates for

the events centered on 1971, 1980 and 1991. On these maps the geomagnetic jerk dates obtained from

real observatory monthly means when wavelet analysed, are also plotted. The number of observatories

for which the dates have been obtained is 48 for the first event, 46 for the second, and 34 for the third

one. Generally speaking, for all three events, the dates obtained from observatory monthly means

using wavelet analysis agree with those attributed to the respective area using the linear approximation

method. Some differences of ±1 year appear. This is not surprising as monthly means are used and two

different methods applied.

The global distribution for the first geomagnetic jerk (Fig. 6) shows a clear dichotomy, separating,

grossly speaking, the two hemispheres, as was previously claimed (Alexandrescu et al., 1996; De

Michelis et al., 1998). The gray shadowed areas underline the missing information about occurrence

dates, indeed the above defined “blind” zones. For the second event, the occurrence dates seem to be

much more scattered, defining a few regions (Fig. 7). However, a general separation appears between

two large areas, one being centered over the African continent. More surprising is the last map (Fig. 8),

where the dates seem to indicate a change in occurrence tendency, with an early occurrence in so-called

“European/African” region.
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5. Conclusions

The CM4 model embodies our most detailed knowledge of how the geomagnetic field has varied in

both space and time during the last four decades. The information it contains has, however, not yet

been fully exploited. In particular, little attention has been paid to the secular variation description

associated with this model. However, the authors of CM4 model, emphasize the advantage of the

strengths of their model in jerk studies (Sabaka et al., 2004). Here, we investigate the behavior of the

CM4 comprehensive model since 1960 and determined changes in the secular variation trend, showing

a clear evidence for geomagnetic jerks. The inclusion of Ørsted vector and scalar data, and CHAMP

scalar data in the CM4 model improved our analysis of the 1991 geomagnetic jerk. In this study

the geomagnetic jerks do not appear in some geographically regions, perhaps because (1) they might

not have been worldwide in occurrence or (2) the model contains limited spread data over the four

decades beyond the existing observatory data. We also estimated occurrence dates for geomagnetic

jerks detected in Sabaka et al. (2004) model. This result could be obtained because the CM4 model is

able to separate the various field sources.

The geomagnetic jerk occurrences are highly asymmetric in their geographical distribution. This

“asymmetric” behaviour, already underlined by Alexandrescu et al. (1996) and De Michelis et al.

(1998) is far from simple. The obtained results clearly show that these events are not simultaneous.

The average epochs are around 1971, 1980 and 1991, with an intriguing behaviour for the last two

events. Their occurrence dates are, for the very dynamic region centered over African continent, after

the average epoch for the 1980 jerk and before the average epoch for the 1991 jerk.

Geomagnetic jerks, influencing the secular variation years or even decades after they have occurred,

are usually quite difficult to observe. Up to now, they were detected only in observatory data. Recently,

we have shown that the north magnetic pole position, which involves the field as a whole, and

its velocity provides a nice indicator of jerks (Mandea and Dormy, 2003). The geomagnetic jerks

themselves are an excellent tool to constrain the lower mantle conductivity (Mandea Alexandrescu
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et al., 1999), or to estimate its possible laterally heterogeneous conductivity (Nagao et al., 2003).

Moreover, the observed patterns, with zones characterized by different occurrence epochs or zones

where no jerks have been detected in the CM4 model, may stimulate the discussion of the role of

torsional oscillations (Bloxham et al., 2002).

To investigate the global or local character of geomagnetic jerks, and to better understand each of

those phenomena and how they relate to one another, an improvement in measurement accuracy and

resolution, in space and time, is needed. Presently, the geomagnetic field is monitored from space

by a fleet of dedicated satellites, Ørsted, CHAMP and SAC-C. The secular variation at decadal scale

or longer, however, cannot be well determined due to the fairly short life-time of these missions.

An important question, therefore, is how well do secular changes derived from satellite data fit the

ground-based measurements, and how geomagnetic jerks can be detected in satellite data. By ensuring

long-term space observations with a better spatial resolution the multi-satellite Swarm mission2 (Friis-

Christensen et al., 2004), scheduled for launch in 2009, will improve secular variation models all over

the Globe. And, if a geomagnetic jerk occurs during the course of satellite missions its characteristics

could be investigated in much more detail than was previously possible with just ground-based data or

global models.
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SIT 
LER

KAKFRD

HER GNA

Fig. 1. Distribution of observatories used in the present study. Black diamonds: 146 observatories with minimum five-year monthly means between

1960 and 2002; gray circles: 39 observatories with continuously monthly mean series between 1960 and 2002. The IAGA codes are given for the six

observatories chosen as examples.
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Fig. 2. Monthly means for the X, Y and Z field components (solid curve: real data, dashed curve: synthetic data given by the CM4 model).
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Fig. 3. Monthly means for X,Y and Z secular variation components (solid curve: real data, dashed curve: synthetic data given by CM4 model).
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Fig. 4. Monthly means for Y secular variation component. For each observatory the upper panel represents the linear approximation (dashed curve) of

real data (solid curve); the lower panel represents the linear approximation (dashed curve) of synthetic data given by the CM4 model (solid curve).
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Fig. 5. Secular variation for Y component at some location points: linear approximation (dashed curve) of synthetic data given by the CM4 model (solid

curve).
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Fig. 6. Occurrence dates obtained from the CM4 synthetic data for the geomagnetic jerk centered on 1971. The same scale is used for dates given by

wavelet analysis on observatory monthly mean series (full colored circle). The shadowed areas indicate the so-called “blind” zones where no jerk is

detected.

Fig. 7. Occurrence dates obtained from the CM4 synthetic data for the geomagnetic jerk centered on 1980. The same scale is used for dates given by

wavelet analysis on observatory monthly mean series (full colored circle). The shadowed areas indicate the so-called “blind” zones where no jerk is

detected.
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Fig. 8. Occurrence dates obtained from the CM4 synthetic data for the geomagnetic jerk centered on 1991. The same scale is used for dates given by

wavelet analysis on observatory monthly mean series (full colored circle). The shadowed areas indicate the so-called “blind” zones where no jerk is

detected.
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Table 1. Crustal biases comparisons.

Codea λ b ϕc model Xcc
d Ycc

e Zcc
f

M 48 -75 131

Fredericksburg FRD 38.210 282.630 Ø 38 -59 142

CM4 40 -55 114

M -3 -135 108

Gnangara GNA -31.783 115.950 Ø -37 -107 102

CM4 -22 -110 98

M 19 13 10

Hermanus HER -34.425 19.225 Ø 3 15 11

CM4 3 12 30

M -26 7 -83

Kakioka KAK 36.230 140.190 Ø -26 2 -85

CM4 -20 7 -90

M -123 172 34

Lerwick LER 60.133 358.817 Ø -133 164 55

CM4 -132 173 47

M -12 -19 -49

Sitka SIT 57.058 224.675 Ø -11 -14 -69

CM4 -2 -20 -61

a According to the IAGA convention.

b Latitude of the observatory, in degrees.

c Longitude of the observatory, in degrees, positive eastward.

d,e,f Crustal biases, using MAGSAT model (M), Ørsted model (Ø), and CM4 model (CM4), in

nT.
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Table 2. Date of occurrence of geomagnetic jerks (year/month).

Codea Event b Wavelet c Linear (real data)d Linear (synthetic data)e

1 1969/06 N.D.∗ N.D.

FRD 2 1978/02 1979/01 1980/04

3 1993/08 N.D. N.D.

1 1972/08 1971/11 1972/09

GNA 2 1980/12 N.D. N.D.

3 N.D. N.D. N.D.

1 1972/06 1972/07 1972/07

HER 2 1982/01 1981/06 1982/01

3 1987/05 1988/01 1988/01

1 1969/06 1969/08 1970/07

KAK 2 1977/11 1977/06 1977/01

3 N.D. N.D. N.D.

1 1969/02 1969/05 1970/01

LER 2 1977/12 1977/08 1977/06

3 1990/04 1990/03 1991/05

1 1969/09 1970/03 1970/04

SIT 2 1977/09 1977/12 1977/03

3 N.D. N.D. N.D.

a According to the IAGA convention.

b Considered geomagnetic jerks around: 1971 (1), 1980 (2) and 1991 (3).

c Date of occurrence given by the wavelet analysis on real Y data.

d Date of occurrence given by the linear approximation on real Ẏ data.

e Date of occurrence given by the linear approximation on synthetic Ẏ data.

∗ N.D. - Not Detected.
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Geomagnetic jerks in the comprehensive magnetic field models:
their Earth’s surface distribution
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4 place Jussieu, 75257 Paris Cedex 05, France.

Abstract. Modifications in the magnetic field characterized by an abrupt change
in the secular variation or a step-like in the secular acceleration have been named
“secular variation impulses” or “geomagnetic jerks”. Three geomagnetic jerks
occurred during the time-span covered by the recently published comprehensive
model CM4. In order to analyze these events all over the world, synthetic time
series were obtained from CM4 model between 1960-2002. Geomagnetic jerks
are detected in these series as a change of sign in the second field derivative
of the Eastern component. Maps showing these changes indicate that the three
geomagnetic jerks detected in CM4 model might been not worldwide phenomena.
This study is followed by a second one where a correlation between geomagnetic
jerks and their signatures at the top of the core is shown.

1. Introduction

The spatial and temporal scales of various constituents
of the geomagnetic fi eld overlap, making it diffi cult to sep-
arate their effects from samplings of the observed fi eld. A
successful approach is the “comprehensive modeling”, re-
cently developed to overcome this problem [Langel et al.,
1996; Sabaka et al., 2002]. The comprehensive models en-
tail the parameterization and co-estimation of fi elds associ-
ated with the internal and external sources, thus including
those of core and lithospheric origins, and those of magne-
tospheric and ionospheric origins along with the associated
induced contributions. For the present study it is important
to note that the secular variation is represented by cubic B-
splines through degree and order 13, with the knot spacing
at 2.5 years. A detailed description of these comprehensive
models is given by Sabaka et al. [2002, 2004] and a com-
parison between the last two versions (CM3 and CM4) is in
Sabaka and Olsen [2002].

For the present study, the used model is CM4 [Sabaka
et al., 2004]. One of the strengths of the comprehensive
modeling approach is its ability to properly defi ne the sig-
nals from the various fi eld sources. The fi eld contribution we
are interested in is the core fi eld and its temporal variations.
The shortest periods of internal origin are found in the so-
called “secular variation impulses” or “geomagnetic jerks”
[Courtillot et al., 1978; Malin and Hodder, 1982]. The ge-
omagnetic jerks are expressed in the fi eld component as two
second degree polynomials of time with a sudden change in

1Now at Laboratoire de Géophysique Interne et Tectonophysique, Uni-
versité Joseph Fourier, BP53, 38041 Grenoble Cedex 9, France.

curvature at the time of the event; the corresponding secular
variation (the fi rst time derivative of the geomagnetic fi eld)
is a V-shaped graph, the second time derivative is step-like,
and the third time derivative is a Dirac distribution [Cour-
tillot et al., 1984]. In order to make a systematic study of
jerks which have occurred over the period covered by CM4
model (1960-2002), we analyzed in details the behavior of
the second time derivative, obtained from the Sabaka et al.
model developed in spherical harmonics, only for the inter-
nal fi eld (i.e. up to degree/order 13). The advantage of this
analysis is its special sensitivity to localized events defi ned
by a change of sign of the second derivative over the whole
sphere. In this fi rst paper, we focus on the global behavior
of geomagnetic jerks at the Earth’s surface. In particular we
show that the three events detected in CM4 model might not
been worldwide phenomena. In a second paper, we show a
correlation between geomagnetic jerks and their signature at
the top of the core (Eymin et al. [2004], thereafter referred
to as Paper II).

2. Data analysis

In order to use the CM4 model for a detailed study over
the whole Earth’s surface, we fi rst compare the behavior
of the secular variation and secular acceleration of the fi eld
from magnetic observatory data and synthetic data provided
by the comprehensive model for the same observatory lo-
cations [Chambodut and Mandea, 2004]. Secular variation
from observatory monthly means or from CM4 model is cal-
culated as simple differences between consecutive values:

Ė(t) =
E(t2) − E(t1)

t2 − t1
, (1)

1
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Figure 1. Secular variation for X, Y and Z components at
Chambon la Forêt (CLF) observatory (left) and Apia (API)
observatory (right) from: real data smoothed with a 12-
month running average fi lter (solid curve) and synthetic data
obtained from CM4 model (dashed curve).

where t = (t1 + (t2 − t1)/2) and E(t) represents one of the
magnetic fi eld component (X – Northern, Y – Eastern and
Z – Vertical downward) at time t.

Figure 1 shows two examples: one for Chambon la Forêt
(CLF) observatory situated in Europe (48.023◦N ; 2.260◦E),
the other one for Apia (API) observatory located in Pacifi c
area (13.807◦S; 171.775◦W ). For both locations, the real
and synthetic Ẋ, Ẏ , Ż are plotted. The agreement is nearly
perfect for the Ẏ component; however, for Ẋ and Ż compo-
nents, much larger discrepancies are observed between the
real data and the smoother representation given by model.
Due to the external fi eld contributions on the Northern com-
ponent, and to the fact that previous analysis generally have
been done on the Eastern fi eld component [Alexandrescu
et al., 1996], in the following, we focus on this last one, only.

Let us remind that the published studies on geomagnetic
impulse characteristics exploited the magnetic fi eld itself
[Alexandrescu et al., 1996; Nagao et al., 2002] or its secular
variation [Macmillan, 1996; Le Huy et al., 1998; De Michelis
et al., 1998; Chambodut and Mandea, 2004]. Defi ned also
as a step-like in the second time derivative implies that a ge-
omagnetic jerk corresponds to a sudden change of sign in
the secular acceleration [Courtillot et al., 1978]. Searching
geomagnetic jerks in the second fi eld derivative has not been
approached until now, mainly because of the noise level in
such series computed from real observatory data. Using syn-
thetic data, provided by CM4 model, the noise contribution
is minimized as the model already takes into account the ex-
ternal fi elds and smooths a large part of their variations. Sec-
ular acceleration, here only for Y component, is calculated
by simple differences between consecutive secular variation
values:

Ÿ (t) =
Ẏ (t2) − Ẏ (t1)

t2 − t1
(2)

where t = (t1 + (t2 − t1)/2). For the same two observatory
locations (CLF and API), the behavior of the second deriva-
tive of synthetic data is depicted on Figure 2.

We now investigate the geomagnetic jerks as a change of
sign of the secular acceleration Ÿ . For CLF observatory, the
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Figure 2. Secular acceleration for Y synthetic component at
Chambon la Forêt (CLF) observatory (left) and Apia (API)
observatory.

fi rst and third noted events, (around 1970 and 1990, respec-
tively) are particularly well defi ned. These dates are also
confi rmed by Figure 1. The second event is dated with an
uncertainty of ±1 year, as the change of sign appears after a
small inflection in Ÿ curve. For API observatory, two jerks
are well defi ned, those noted around 1970 and 1978. The
situation is however more complicated than for CLF obser-
vatory secular acceleration, as a few crossing points of the
zero line appear: (1) a couple of oscillations could be due
to some remaining external or noise effects (mainly over the
fi rst decade); (2) some Ÿ values are very close to zero over
a couple of years around 1985. This last period will be dis-
cussed in Paper II.

3. Global Results

Considering that a change of sign of the secular acceler-
ation is a signature of a geomagnetic jerk, we are interested
to detect such a behavior at the Earth’s surface. In order to
get very detailed information, the whole sphere is gridded by
1◦ × 1◦. For each defi ned location, Ÿ is computed only for
the core fi eld contribution, as modeled by CM4 model. To
fi nd the epochs when the sign of Ÿ changes, for each posi-
tion k corresponding to coordinates (θk, φk) at the surface
of the Earth, the following algorithm is applied:






























if
(

Ÿk(t1) × Ÿk(t2)
)

< 0

→ Ÿ changes of sign between t1 and t2. case (1)

if
(

Ÿk(t1) × Ÿk(t2)
)

≥ 0

→ Ÿ does not change of sign between t1 and t2. case (2)

The locations at the Earth’s surface characterized by the
change of sign of Ÿ = 0 are plotted for each month, so we
obtained 490 maps. Here, we display only four of them, the
whole set of maps is available as auxiliary material.

Figure 3 shows maps indicating positions where the sign
of Ÿ changes for three epochs corresponding to the well-
known geomagnetic jerk dates detected over the last four
decades in (Figure 3 a-c). The last example is chosen for
a period when no geomagnetic impulse has been listed (Fig-
ure 3 d).

Let us discuss in more details these maps. The fi rst one
(Figure 3 a), representative for the 1968-1970 event, shows
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Figure 3. Maps indicating locations where the sign of Ÿ changes at the Earth’s surface (black dots). Three representa-
tive samples (a-c) are shown, corresponding to the well-known geomagnetic impulses (1969.85, 1978.55, 1990.85). For
comparison an example (d) is given for an epoch when no geomagnetic jerk has been listed (1983.25).

that for a large part of the Earth’s surface, the case (1) of
the previously defi ned algorithm is satisfi ed. The points are
mainly situated on continents, European area being very well
covered. The second event is less extended than the previous
one. Again, the European region is very well covered (Fig-
ure 3 b). The last event (Figure 3 c) is signifi cant over two
important regions: Northern America and Europe. The last
presented map (Figure 3 d) shows a clear alignment of points
organized as some thin lines. This picture, plotted for epoch
1983.25 is representative for a period without geomagnetic
jerk.

The presented images are only snapshots of the complete
series of maps over the four studied decades. In order to get
a description over the whole period, we computed the total
area S on the sphere covered by points satisfying condition
(1) for each epoch t:

S(t) =

[

∑

k

δk(t) · sin(θk)

]

·
100

4π
, (3)

where:
{

δk(t) = 1 case (1)
δk(t) = 0 case (2)

at position number k (θk, φk). The obtained graph is shown
in Figure 4.

For the fi rst and the last 2.5 years, the curve are not
plotted as this time-lag represents the knot of temporal B-
splines of the model. Indeed, an event at one end of the
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Figure 4. Percentage of the Earth’s surface covered by loca-
tions where the sign of Ÿ changes. Each circle of the curve
represents the surface calculated for 1/10 year, only. Vertical
lines indicate the epochs corresponding of maps shown on
Figure 3. The used codes are: NA - Northern Atlantic; SA -
Southern Atlantic; NP - Northern Pacifi c; SP - Southern Pa-
cifi c, indicating zones where geomagnetic jerks are mainly
detected (see text for details).
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domain can influence the other end via propagation through
the sequence of splines. This influence is also seen in Fig-
ure 4, as a superposition at the signal we are interested in
with the signature of the knot interval. However, the graph
clearly reveals the existence of three maxima correspond-
ing to 1969.85, 1977.45 and 1988.65. These dates are close
to those already admitted as epochs for geomagnetic jerks
(around 1970, 1978, 1990). For these three epochs a large
part of the Earth’s surface is covered by locations character-
ized by the change of sign of Ÿ . The two maxima observed
before 1968 and also after 1992 are not considered here as
the maps corresponding to these epochs (see the web anima-
tion) do not indicate large areas with a change of sign for
Ÿ , but only small zones situated in polar regions. In order
to discuss in more details the geomagnetic jerks occurrence
zones, we defi ned four areas referred to as:
- Northern Atlantic (0◦ to 90◦ N ; 90◦ W to 90◦ E),
- Southern Atlantic (0◦ to 90◦ S; 90◦ W to 90◦ E),
- Northern Pacifi c (0◦ to 90◦ N ; 90◦ to 270◦ E),
- Southern Pacifi c (0◦ to 90◦ S; 90◦ to 270◦ E).
The fi rst event is mainly seen over the Northern Atlantic
area, followed by a later occurrence in the Southern At-
lantic region. This bimodal behavior between the two hemi-
spheres has already been noted [Alexandrescu et al., 1996;
De Michelis et al., 1998]. The same 2-year time-lag is ob-
served for the second event. For this geomagnetic jerk, it
seems that the occurrence is fi rstly in Pacifi c area followed
by Northern Atlantic and fi nally by Southern Atlantic. The
last event happens in the Southern Pacifi c zone thereafter in
the Southern Atlantic and then in Northern Atlantic .

This very simple representation gives us some clues about
geomagnetic jerks. First, the geomagnetic jerks detected in
CM4 model might not have been worldwide in occurrence.
Second, the covered area by an event is more or less ex-
tended. Epochs for which large zones of the Earth’s sur-
face are well covered correspond to dates when geomagnetic
jerks have been already noted. Moreover, this method re-
veals an event around 1985 which was not previously in-
voked (see Figure 4 and Paper II for more details).

4. Conclusion

A global characterization of geomagnetic jerks is diffi cult
to achieved when only data provided by observatories are
available: they are very unevenly distributed in space, being
concentrated over continents of the Northern hemisphere and
sparser over the oceans and over the Southern hemisphere.
Nevertheless, using these very valuable and long series of
data, and applying different mathematical tools, some ques-
tions have been already addressed about the spatial and tem-
poral occurrence of geomagnetic jerks [Alexandrescu et al.,
1996; De Michelis et al., 1998; Mandea et al., 2000; Cham-
bodut and Mandea, 2004].

In this paper we show that a comprehensive model, as
that published by Sabaka et al. [2002] is a suitable basis to
extract a clear signature of geomagnetic jerks in synthetic

series obtained from it. Here we focus on geomagnetic jerks
spatial occurrence by exploiting the information contained in
the second derivative of Eastern main fi eld component. We
show that geomagnetic jerks might not be worldwide in oc-
currence. The proposed approach is promising, as the results
obtained in the present paper lead us to analyze in more de-
tails geomagnetic jerks and to correlate them with a physical
parameter variation at the top of the core (see Paper II).

Acknowledgments. All maps were plotted using the GMT
software (Wessel and Smith, 1991). This is IPGP contribution
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récente de la variation séculaire du champ magnétique terrestre,
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chkhZ]e(\5n�\5chkhZ]`!� T�^�`T�`T['�we�x�Z(^1[�oTY�Z(`TghY<fw`�e0V �%`bY�Y�`R`b^_¸!ob^hoTY�V!ey`�[Ke(`�^h\��1V!g�`b^�cmV.Y�[�Z]ibghe]Z(`TYb�
^h`jn�\5^1[�cmV!n�fhZ(Y�`bi�[�`bad`b^1[�\5�wn�`bY�W.V!�he(`Tnb���<`jn�\5^1[¢e(`bn±aX\/fh¬be]`bn�fw`£i#khV!aXc pMghZ�W!\5^1[
n�`TY�W/Z(Y«Z]ibZmfh`-ibe]`T¤yfhV!^hn�e�x�oT[�gwfh`�fh`2chV!Y�V!ad¬T[�Y�`Tn�cwkM�/n�Z(pMgh`bn<fhg±^h\��5V!gy� ��gmV!^1[�ZsÑm`bY«ib`Tg��Mr
ibZ"^wobib`Tn�n�Z][�`,ib`Tc`T^hfmV!^1[2fh`RcmV!n�n�`bY�cmV.Y-gw^h`Rn�ghZs[�`Rfh`RfhobfwghiT[�Z(\5^hn�`�[2f xk1�/c\.[�kh¬Tn�`bnT�

�X¼b½ ¾·¿ÁÀO¿OÂ�ÃT¿RÄ6Ã�Å�ÆÈÇ"É�ÊvË_Ìb¿RÃ�Â*Í�� ÌT¿ Ì�Ã � Ã7Ä6Í�Æ�Å�� ¿,Ë�� � ¿,Æ§Ä6Í�¿,Ë

�2\5gwn<e�xV'W5\5^wn<fhoL��u¯oTW!\�pMghoOV.g�i#kmV!chZs[�Y�`�º��/e(`-i#kmV!adc±aXV!¸5^woT[�Z]pMgh`2fwobY�ZsW5`2fyxgw^_c\.r
[�`T^1[�Z(`Te�khV!Y�ad\5^hZ]p/gw`!�~U"`bnCad\�fw¬be(`Tn*fw`´W.V!Y�Z(V.[�Z]\5^,n�obiTghe0V.Z(Y�`�i'V.e(ibgwe(obn*`b^qn�ghY�¤�V.ib`vcB`bgwW!`b^1[
fh\5^wi4�T[�Y�`�cwY�\5e]\5^h¸5oTn���ghn�pMgyxzuqe(V��mV.n�`�fwg_a±V!^1[�`'V!g±u�[�Y�V�W!`bY�nve0V,ibY�\ �w[�`�`�[ve]`2aXV!^1[�`bV!g
`b^XchY�`T^mV!^1[v`T^�ib\!aXcw[�`2e]`K¤�V!Z][�pMgh`¯³Me]`-aXV!^1[�`bV!g±`Tn�[<ib\5^hn�Z(fhoTY�o2ib\5adaX`�gh^XZ(n�\5e0V!^1[b�1\5g
fhg�ad\5Z(^hn�V��5V!^1[,gh^h`§ib\5^wfhghiT[�Z]W/Z][�o obe]`biT[�Y�Z]p/gw`§¤�V.Z(�he]` � (*`T�/Y�\5^h^h`bV!g·`�[ (%\5Z(Y�Z(`TYb��µ !5¨#! G
 kmV.^ � e0V!^hf `�[¢V!e��s�-µ�!#!5Ð G ÔlV!^hfw`'V ��e]`��wV!^hfhY�`bn�ibg `T[¢V!e²�]�-µ�!#!#! G (*\!Z(Y�Z]`bYT�vºA"A"#"�� G e(`Tn
n�\!ghY�iT`bn§ibY�ghn�[�V!e(`Tnd^w`_c`TY�[�gwY��B`b^1[dcmV!n e(`Tn ¸5Y�V.^hfh`bn§oTi#kh`be]e(`bn fwg�i#kmV.aXc aXV!¸5^ho�[�Z]p/gw`
^Mghibe]o'V!Z]Y�`.�yU"`q¤�V!Z][�pMgh`§e0V±iT\5aXcB\5n�V!^1[�` Y�V.fhZ0V!e]`

Br

`T[Rn�V�W.V!Y�Z0V.[�Z(\5^�n�obiTghe0V.Z(Y�`
dBr/dtcB`bgwW!`b^1[ �T[�Y�`OchY�\!e(\5^h¸!ob`bnvuqe0V�¤4Y�\5^1[�Z(¬TY�`�^w\F�5V!g�r a±V!^1[�`'V!g_\5g�W�Y�`Ofh`bnKcB\5n�n�Z(�wZ(e(Zs[�oTn´fyx�`bnHr

[�Z]a±V~[�Z(\!^±fh`Tn2ad\5gwW!`bad`b^1[�n-V!g¢n�\5adad`T[Kfhg¢^h\��1V.g ¡ ghZ]fh` � &2ghe]\![�`T[-V!e²�]�mºA"#"1º��²�
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U6V�Ñm¸5ghY�`±¨w�sµ§aX\!^M[�Y�`§e0V�iT\5adc\5n�V!^1[�`§Y�V.fhZ0V!e]`qfhg£i#kmV!adc aXV!¸5^woT[�Z]pMgh`§V!Z(^wn�Z�pMgh`
n�VdW.V!Y�Z(V.[�Z]\5^_n�oTibghe(V!Z(Y�`Ri'V!e]ibghe]ob`bn2uXe(Vde]Z(adZ][�`�^h\��1V.g�r@aXV!^1[�`bV!g udcmV!Y�[�Z(YKfhglaX\/fh¬be]`Ofh`
 V.�mV � V£`�[�V.e�� �ºA"#" � �²���<`lad\/fh¬be]`_fh`li#kmV.aXc�c`TY�ad`T[Xgh^�ibV!e(iTghe�aX`T^hn�gw`be�fh`liT`T[�[�`
iT\5aXcB\5n�V!^1[�`§`T[�fh`±n�V¢W.V!Y�Z0V.[�Z(\5^jn�obibgwe0V!Z]Y�`§n�ghY�gh^h`dcoTY�Z]\�fh`§fh`��1Ð¢V!^hnb���-\5ghn�V�W!\5^hn
i#kh\!Z(n�Z�fh`jaX\!^M[�Y�`TY_n�`bgwe(`bad`b^1[¢pMgh`be]pMgh`bn�i'V.Y�[�`Tn�fh`�e0V°n�oTY�Z]`jn�ghY_pMgmV.[�Y�`�fhoTib`b^w^hZ(`Tnb�
fhoTe(Z]aXZs[�ob`Tn«cmV!Y<gw^�Z(^1[�`TY�W.V!e]e(`-fh`¯µ�"¯V!^hnb��c\!ghY<e(V�ib\!aXcB\5n�V.^M[�`�Y�V!fhZ0V.e(`-V!Z(^wn�ZBp/gw`�c\!ghY
n�V£W.V!Y�Z(V.[�Z]\5^ n�oTibghe(V!Z(Y�`!� �2\5gwn±\5�hn�`bY�W5\5^hn±p/gw` e0VjW.V!Y�Z(V.[�Z]\5^ n�obiTghe0V.Z(Y�`¢fh`�ib`lad\/fh¬be]`
ad\5^1[�Y�`�fh`�¤4\!Y�[�`Tn´W.V!Y�Z0V.[�Z(\5^hn�e(\/i'V.e(Z(n�ob`Tn�cwY�Z(^wibZ(chV!e(`TaX`T^M[´fmV!^wnvgh^h`�Y�ob¸5Z]\5^±n�Z][�ghob`�fhV!^hn
e(V t \5^h`��v[�e0V!^1[�Z]pMgh` �2\5Y�f�`�[  ghfy���2g�iT\5^1[�Y�V.Z(Y�`.�Ce(`Tn§Y�ob¸!Z(\5^hn n�Z][�ghob`Tndn�\5ghnde0V t \5^h`
(*V!ibZsÑmpMgh`±`�[qe(`Xc .!e(`dn�ghf°^w`±chY�obn�`T^1[�`b^1[dpMgh`±cB`bg fw`XW.V!Y�Z(V.[�Z]\5^hnT� P2^h`Xib\5adcmV!Y�V!Z(n�\5^
V'W5`Ti2e]`bn�Y�oTn�ghes[#V.[�n�cwgh�he(Z]obn«cmV!Y &-ghe(\![O���C}!� N ¥�º "#"1º5©�n�gh¸5¸5¬TY�`-p/gw`2e]`-ad\/fh¬be]`Kfh`  V!�mV � V
���*}!� N5`bn�[«i'V!cmV.�he(`Kfh`KfwobibY�Z(Y�`vfh`bn«oTi#kh`be]e(`bn�n�cmV.[�Z0V!e]`bn�pMgh`�e²x\5^¯^h`Kc\!gwW.V!Z][�chV!nCY�oTn�\5gwfhY�`
V!gwcmV!Y�V'W.V!^1[�n�gwY-gw^¢[�`be"Z(^1[�`bY�W.V!e]e(`�fw`R[�`badchnb�

U"`<ibV!e(iTgheMfh`<ad\�fw¬be(`«fh`�W.V!Y�Z(V.[�Z]\5^Rn�obiTghe0V.Z(Y�`�¥�cwe(ghn%cmV!Y�[�Z(iTghe(Z]¬bY�`bad`b^1[%Z(ibZMfh`´n�V�iT\5a r
cB\5n�V.^M[�`qY�V.fhZ0V!e]` ∂Br

∂t

©2u�e(VXe(Z]aXZs[�`O^h\��5V!g�r@aXV!^1[�`bV!gj`bn�[Oe0VdchY�`TaXZ]¬bY�`¯oT[�V!cB`¯^hoTib`bn�n�V!Z]Y�`
V!g¢i'V.e(ibgwe"fh`bn-aX\!gwW5`TaX`T^M[�n2fw` ¡ gwZ(fh`�ude(V n�ghY�¤�V!ib`,fhgl^w\F�5V!gle]Z(pMghZ]fh`Oib\5^wfhghiT[�`bghY�[�`Te
pMgh`§³

∂Br

∂t
= −∇H · (~uBr) +

η

r
∆(rBr),

¥�¨w�sµF©
\��

∇H

`bn�[2e(Vqib\5adcB\5n�V!^1[�`Okh\5Y�Z t \5^1[�V!e(`�fw`Oe0VqfhZsW5`bY�¸5`b^wib`!� ~u e0V¯W/Zs[�`bn�n�`Rfhg ¡ ghZ]fh`Ru e0Vn�ghY�¤�V!iT`�fhg_^w\F�5V!g_`T[
η
e(V�fhZs�ghn�ZsW�Zs[�o�aXV!¸5^ho�[�Z(pMgh`2fhg�^h\��5V!gy�m�<`�[�[�`�obpMgmV.[�Z(\5^±aX\5^1[�Y�`

e(VvY�`be(V.[�Z]\5^O`b^1[�Y�`�e0V<W.V!Y�Z(V.[�Z]\5^�n�obibgwe0V!Z]Y�`«fh`«e0VviT\5aXcB\5n�V!^1[�`«Y�V!fwZ0V!e]`Cfhg,i#kmV!adcy��e(`C[�Y�V!^hnHr
cB\5Y�[�fwg ¡ ghZ]fh`X¥�Z]^hfhghZ]n�V!^1[-e(`Ri#kmV!adcJ©v`T[-e(VdfhZs� gwn�Z(\!^·¥4pMghZ"[�`b^wf u§fhoT[�Y�ghZ]Y�`Re(`Ri#kmV!adc
cmV.Y±fhZ]n�n�Z]cmV.[�Z(\5^�\5khadZ(pMgh`'©�� (*\5gwY�fh`bn±obi#kh`Te(e(`TnX[�`badc\5Y�`be]e(`bndZ(^�¤4obY�Z]`bghY�`bnXu·pMgh`be]pMgh`bn
iT`b^1[#V!Z]^h`bn«fyxV!^h^wob`bnT�Me(`K[�`TY�ad`KfhZ]�ghn�Zs¤Bc`Tgw[ �T[�Y�`2^wob¸5e]Z(¸5o.�!fh\5^wi-e]`K^h\��1V!gX`bn�[´iT\5^hn�Z(fhoTY�o
iT\5aXad`§Z(^wÑh^hZ(ad`b^1[,ib\5^wfhghiT[�`bghYT���<`�[�[�`�V!chchY�\���Z]a±V.[�Z(\5^�`Tn�[ V.chc`Te(oT`j{ ?�� 3m�~� ?�#��� 6!�
� ��� C/���(��� � ��\5�B`bY�[�nq`�[  iT\![�[b�´µ�!!Ò�&��²��Ô�V!Z(n�ib`T[�[�`�n�`bghe]`±k1�/c\.[�kh¬Tn�`_^h`�iT\5^hfhgwZ][�cmV!n
fhZ]Y�`TiT[�`TaX`T^1[du£e(V fhoT[�`bY�adZ(^hV.[�Z]\5^ fhg�i#kmV!adc�fh`_W/Z][�`bn�n�`¢fh`_¤�V!¶b\5^�gh^hZ]pMgh` � �vV.i � gwnb�
µ�!!Ò5¨��²�wZ(e `bn�[-^hoTib`Tn�n�V.Z(Y�`Rfyx�`b^¢cB\5n�`TY-gw^h`Rn�`biT\5^hfh`,n�gwY-e(Vq^mV.[�ghY�`Rfhg�ad\5gwW5`TaX`T^1[q¥4n�[�V~r
[�Z(\5^h^hV!Z(Y�`!�m[�\5Y�\�� fhV!e�\5gj`T^hib\!Y�`q[#V.^h¸5`b^1[�Z(`be]e(`TaX`T^M[�¸5ob\!n�[�Y�\5chkhZ]pMgh`�©7� �2\!ghnOY�`�[�Z(`T^hfhY�\5^hn
Z]ibZ�e�x2{'?��@3m�~��?�#��� 6!� 2±�~�/|!� 2±���m�,� }!� C/���m���������(� 2±���m�>C/�#���������@3�?/�
Db�J����v�<`Te(e]`�r@iTZ2Z]a§r
che]Z(pMgh`-gh^_obpMghZ]e(Z]�hY�`2u¯e0V,e(Z]aXZs[�`K^h\��1V.g�r@aXV!^1[�`bV!g�`b^1[�Y�`Oe(`Tn<iT\5aXcB\5n�V!^1[�`bn´kh\5Y�Z t \!^M[�V!e(`Tn
fh`Tn<¤4\5Y�ib`bn<fh`R�<\5Y�Z(\5e]Z(n«`T[Ke]`�¸5Y�V!fhZ]`b^1[vkh\!Y�Z t \5^1[#V!eBfh`�cwY�`bn�n�Z]\5^_fw�/^mV!adZ(pMgh` �U"`RÔ�\!g��be²�
µ�!!¨ � G �<kMghe(e]Z0V.[R`�[ &-ghe(\.['�%ºA"#"�µ ��� �OY�¹.ib`Xu�ib`Tn¯fh`Tg�� k1��cB\![�kh¬bn�`bnb��e(`§aX\!gwW5`TaX`T^M[�fhg
¡ gwZ(fh`RV!g¢n�\!aXad`T[Kfwg�^h\��5V!g�cB`bg�[*��[�Y�`,fwoT[�`TY�adZ(^hoOcwY�`bn�pMgh`¯cmV.Y�[�\!gw[ � TC�/adZ(^y�Jº "#" � �²�
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-1.05e+06 -787500 -525000 -262500 0 262500 525000 787500 1.05e+06

Br (nT)

� �g����� �

� �=� ��� �

� � ����� �

� � ����� �

-12000 -9000 -6000 -3000 0 3000 6000 9000 12000

dBr/dt (nT/an)

(*),+.- � � ��/ 0 �	243m���b}!�m�@�´��}�6!��}!�(� 6!�d�@?w}A243B2d}�C!� �����
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}�H#}��!}����<}!� N �-!	�
� ���N
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U6V2Ñm¸5ghY�`K¨w�zº2Y�`TchY�oTn�`T^M[�`�e(`bn*aX\!gwW5`TaX`T^M[�nCi'V.e(ibgwe(obn�u�e0V-¤4Y�\5^1[�Z]¬bY�`<^h\��1V.g a±V!^1[�`'V!gy�
�2\!ghnq\5�hn�`bY�W5\5^hn§pMgh`�iT`bn ibV!Y�[�`bnqfh`_ad\5gwW!`bad`b^1[�n¯aX\5^1[�Y�`b^1[ e(V�aJ�bad`±\5Y�¸1V!^hZ]n�V.[�Z(\5^
¸5oT^hobY�V!e(`-n�ghY�e0VRcBobY�Z]\�fw`2V.^mV!e]�/n�ob`!� T�^±iT\5aXchV!Y�V!^1[´`b^XfhoT[�V!Z(eme(VRW.V!Y�Z0V.[�Z(\5^§n�oTibghe(V!Z(Y�`�fh`
µ�! R &�� " `�[¯µ�!A!�&�� "w�mgh^h`,oTW!\5e(gw[�Z(\5^¢ibe(V!Z(Y�`Ofh`,c`�[�Z][�`bn-obi#kh`Te(e]`bn-`bn�[�\5�hn�`bY�W!ob`¯V!glfh`Tn�n�\5ghn
fh`ve²x�-¤4Y�Z]p/gw`´fhg  ghfy�!iT`vpMghZhn�`<[�Y�V!fhghZs[�cmV.YCgh^qi#kmV.^h¸5`bad`b^1[«fh`´W�Zs[�`Tn�n�`<fhg ¡ ghZ]fh`O¥�W5\5Z]Y
e0VdfhZ(Y�`bi�[�Z(\!^�`�[Oe0V§e(\5^w¸5gh`bgwY�fh`Tn ¡ ¬bi#kw`bnOfh`Tn�n�Z]^hob`TnOfmV!^hn2ib`�[�[�`¯Y�ob¸!Z(\5^J©7�BU%VdÑm¸5ghY�`qÒw�zº
fhg i#kmV!chZs[�Y�`XÒw�sµ±Y�`bchY�obn�`T^1[�`�e(V�W.V!Y�Z0V.[�Z(\5^�n�oTibghe(V!Z(Y�`±u�e0V�cB\5n�Zs[�Z(\!^ fyx�gh^ \5�hn�`TY�W.V.[�\5Z(Y�`
fh`¢ib`�[�[�`¢aJ�bad`¢Y�ob¸5Z]\5^ ¥ &-`bY�aXV!^Mghnd`b^��2¤4Y�Z]pMgh`�fhg  gwfJ©��´�<`T[�[�`�Ñm¸5ghY�`�cB`bY�aX`�[dfh`
W5oTY�ZsÑm`bY�e(`��\5^¢V!iTib\5Y�f�`T^1[�Y�`Re]`Ofw�/^mV!adZ(n�ad`�chY�obfhZs[�cmV!YKe]`bnKad\�fh¬Te(`Tnvfh`RaX\!gwW5`TaX`T^M[�n
`T[Re²xo�W5\5e]gw[�Z]\5^ Y�V!chZ(fw`qfh` e0VdW!V.Y�Z0V~[�Z(\!^ln�oTibghe(V!Z(Y�`¢¥�fh`

40 nT/an
u
−10 nT/an

`b^1[�Y�`
µ�! R &¯`T[,µ�!5¨�&!©vu§e(Vqn�ghY�¤�V!ib`,fh`Re0V �%`bY�Y�`.�
(�V!Y�e(V�n�gwZ][�`.�5^h\5gwn�gw[�Z]e(Z(n�\5^hn%ib`�[�[�`�adoT[�kh\�fw`vfh`Ki'V.e(ibgwewfh`Tn�aX\5g�W5`bad`b^1[�n�cB\5ghY<³m¥�µ�©

e(`TghY6Y�`TchY�oTn�`b^1[�V.[�Z]\5^qad`b^hn�gh`be]e(`2¥�`T^M[�Y�`2µ�!5Ò#"�`T[CºA"#" �1© G ¥�º5©ygh^w`vV!^mV.e]�/n�`�fhoT[�V!Z(e]e(oT`�fyxgw^h`
oTW!`b^1[�gw`be(e]`¯iT\5Y�Y�obe0V~[�Z(\!^¢`T^1[�Y�`�e(`,aX\!gwW5`TaX`T^M[q¥�\!glgh^ chV!Y�V!ad¬T[�Y�`Re(Z]o�©v`T[2e(`Tn2n�`biT\5ghn�n�`bn
¸5oT\5a±V.¸5^hoT[�Z(pMgh`Tnb�
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Abstract.
We use the comprehensive magnetic model CM4 recently derived by Sabaka et
al. [GJI, 2004] to look for the signature of jerks in core surface flows. This
model, providing the best temporal resolution between 1960 and 2002 as well as
a fine separation of the different magnetic sources, can be used to study this rapid
phenomena of internal origin. Using this model, Chambodut et al. [GRL, 2004]
characterize the global extension of these events at the Earth’s surface. At the core
surface, the flows we obtain under the frozen-flux and tangentially geostrophic
assumptions do not exhibit any special pattern at jerk times (1969, 1978, 1991,
1999), but a smooth temporal evolution over the whole time period. However,
the mean amplitude of the dynamical pressure associated to these flows present
maxima at each jerk occurence and leads to the identification of a jerk in 1985.

1. Introduction

The internal origin of geomagnetic jerks, these rapid
jumps of the acceleration of the magnetic fi eld at the Earth’s
surface, is widely accepted [Malin and Hodder, 1982]. How-
ever, the phenomena giving rise to these jumps are still enig-
matic. Core surface flow computations may be used to study
these events. Indeed, these computations of the fluid veloc-
ity at the top of the core from observations of the magnetic
fi eld at the Earth’s surface provide partial, but nonetheless
interesting, insights into the dynamics of the outer core.

According to the magnetic induction equation and the
frozen-flux assumption [Roberts and Scott, 1965], the tem-
poral variations of the main magnetic fi eld at the Earth’s sur-
face result from the action of the fluid velocity on the mag-
netic fi eld lines at the core surface. It is thus possible to esti-
mate core surface flows from observations of the main mag-
netic fi eld and its variations [e.g. Le Moüel, 1984]. The valid-
ity of the different assumptions made to compute these flows
is diffi cult to assess properly. However, core surface flows
obtained in this way give an explanation for the decadal vari-
ations of the length-of-day which are not explained by other
processes [Jault et al., 1988]. This argument is a point in
favor of the relevance of these computations.

Some previous studies have already attempted to charac-
terize the behavior of the core surface flows during a geo-
magnetic jerk. All of them agree on the fact that modifi -
cations of the fluid velocity come with these abrupt events

1Now at Laboratoire de Géophysique Interne et Tectonophysique, Uni-
versité Joseph Fourier, BP53, 38041 Grenoble Cedex 9, France.

[Courtillot and Le Mouël, 1984]. However, a stationary
flow is not compatible with these rapid modifi cations of the
magnetic fi eld [Gubbins, 1984; Davis and Whaler, 1993;
Bloxham et al., 2002]. Moreover, Waddington et al. [1995]
and Davis and Whaler [1997] demonstrated that an instanta-
neous change in the flow is not suffi cient to account for the
jerk signal at the Earth’s surface, even if these flows globally
reproduce the observed secular variation. The velocity fi eld
thus has to be time-dependent before and after the jerk oc-
currence. Most of recent studies have searched a particular,
but still unknown, event in the core dynamics that would be
responsible for the geomagnetic jerks. Hulot et al. [1993]
identifi ed a temporal change in the slope of the flow energy
at jerk times. Le Huy et al. [2000] observed similarities in the
pattern of the acceleration of the very large-scale flow during
different geomagnetic jerks. More recently, Bloxham et al.
[2002] showed that a time-dependent flow may at a given
moment and location produce a jerk signal, because of a par-
ticular geometry of the magnetic fi eld rather than because of
a particular dynamical event.

In this study, we use the comprehensive geomagnetic fi eld
model CM4 [Sabaka et al., 2002, 2004], that provides the
best temporal resolution for between 1960 and 2002.5 ever
achieved. Moreover, this model, based on both observatory
and satellite data, provides a fi ne separation of the different
magnetic sources. Chambodut et al. [2004, thereafter re-
ferred to as Paper I], takes advantage of this model to inves-
tigate the distribution of geomagnetic jerks at the Earth’s sur-
face over the last four decades. In this second paper, we con-
centrate on the core surface, using the comprehensive model

1
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CM4 to analyze, more acutely than was previously possible,
the modifi cations of core surface flows linked to the jerks
that occurred around 1969, 1978 and 1991 [see Paper I for
references].

2. Core surface flows from 1962 to 2000

A standard spectral method [e.g. Gire and Le Mouël,
1990] is used to compute core surface flows. This method
relies on the magnetic induction equation, written at the top
of the core, in which the magnetic diffusion is neglected ac-
cording to the frozen-flux approximation [Roberts and Scott,
1965] :

∂Br

∂t
= −∇H · (uBr), (1)

Br being the radial component of the magnetic fi eld, u the
fluid velocity, assumed horizontal, and ∇ H = ∇ − ∂/∂r.
To reduce the non-uniqueness of Equation (1) the flow is as-
sumed to be tangentially geostrophic [Le Mouël, 1984]. The
radial magnetic fi eld Br and its secular variation ∂Br/∂t ob-
served at the Earth’s surface are downward continued to the
surface of the core [e.g. Blakely, 1995]. The velocity fi eld
u is estimated by inverting, with a Bayesian inverse method
[e.g. Menke, 1984], a matrix-form of Equation (1) obtained
by using spherical harmonic expansions of the magnetic and
velocity fi elds. The obtained flow model represents the flow
fi tting the observed secular variation as well as possible –
given the observational uncertainties –, with as few small
scales as possible [a detailed description of the method and
used parameters is given by Pais and Hulot, 2000]. Core sur-
face flows are then estimated each 0.1 year between 1962.5
and 2000 (as noted in Paper I, the fi rst and last 2.5 years of
the time period covered by CM4 are to take with caution be-
cause of possible artefatcs). Each flow model is independent
from the others and no special condition is imposed at jerk
times.

The obtained velocity fi elds at the core surface are in good
agreement with previous computations. The flow pattern
evolves slowly and no special modifi cation of the flow is
visible at jerk times. Figure 1 shows the velocity obtained
for 1970 and 1990 epochs. The three main structures ap-
pearing in most of core surface flow computations [Jault,
1990; Eymin, 2004] also exist in our models. They indeed
exhibit the Atlantic westward current, as well as the two an-
ticyclones located beneath Northern America and Southern
Indian Ocean. As these structures are visible in most of the
recent flow models computed with different methods and un-
der different assumptions [Holme and Whaler, 2001; Amit
and Olson, 2004; Pais et al., 2004; Eymin and Hulot, 2004],
they can be considered as the most reliable at the core sur-
face.

Each individual flow model, corresponding to a given
date, reproduces as well as possible the instantaneous sec-
ular variation. The fact that each flow model is independent
from the others does not insure that the time series obtained
by juxtaposing the instantaneous flow models correctly ex-

a

30km/yr

b

30km/yr

Figure 1. Core surface flows in (a) 1970 (b) 1990 obtained
from the CM4 magnetic model. Arrow sizes are proportional
to the fluid velocity

plains the jerk signals [see Davis and Whaler, 1997]. Any-
how, fi gure 2 shows that the flow time series correctly fi ts
the global jerk characteristics. Indeed, the observed and pre-
dicted areas concerned by a jerk at the Earth’s surface (iden-
tifi ed as a change of sign of the acceleration of the Eastward
component of the magnetic fi eldŸ , see Paper I) are similar.

3. Pressure maxima and jerks

As already mentioned, the global pattern of the velocity
fi eld exhibits no special feature during jerk events. However,
we observe an intriguing behavior considering the mean
pressure amplitude < |p| >, defi ned as:

< |p| >=
1

S

∫
S

|p|dS, (2)

S being the surface of the core and p the dynamical pressure
associated to the flow (the velocity and pressure fi elds are
linked by ∇Hp = −2ρ(Ω∧u), Ω being the Earth’s rotation,
because of the tangentially geostrophic assumption). Figure
3 indeed shows that each maximum of the mean pressure
amplitude happens at or just before each geomagnetic jerk of
the considered time-period, excepting a maximum in 1985.

In order to better link up geomagnetic jerks and pressure
maxima at the core surface, we have to investigate whether
a jerk, not yet identifi ed, happened in 1985. We globally
searched the region concerned by a possible impulse in 1985
using the technique presented in Paper I. Indeed, we have to
fi nd out if there is a large part of the Earth’s surface covered
by a change of the sign of Ÿ , the acceleration of the East-



����� ��� �J� � ����� � � � � �^��� ������������ 	 � � �%���9�
� ����� � � � �� �������
� � ��� �
 � ����� � � �� ��� ��� ��� �
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Figure 2. Jerk extension predicted by the time series of core surface flows in 1969.85 (left), 1977.45 (middle) and 1989.95
(right). Shaded areas correspond to locations where the sign of Ÿ changes during a 6-months period centered on the men-
tioned date. Gray areas: changes predicted by the flow models, black areas: changes present in model CM4 (see paper I for
more details). The three presented epochs correspond to maxima of the area concerned by a jerk-signal (fi gure 4 of Paper I).
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Figure 3. Mean amplitude of the dynamical pressure at the
core surface. Vertical lines indicate the occurrence epochs of
the widely recognized geomagnetic jerks: 1969, 1978, 1991
and 1999. The fi rst and last 2.5 years are omitted because of
a possible artefacts (see Paper I).

Figure 4. Map indicating locations where the sign of Ÿ
changes at the Earth’s surface (black dots), corresponding
to 1985.45, epoch when no geomagnetic jerk has been listed
before.

ward component of magnetic fi eld. Figure 4 and fi gure 4 of
paper 1 clearly shows that a signifi cant portion of the Earth’s
surface is concerned.

Magnetic data provided by different observatories located
in the indicated area (API, PPT, FRD, DOB, see fi gure 4 for
their locations) confi rm the existence of a jerk signal around
1985. The fact that a very few observatories operate in the
Southern Pacifi c, where the change of sign of Ÿ is mainly
noted at this epoch, explain why this event has not been no-
ticed when magnetic observatory data have been analyzed.

4. Discussion

The localization of a geomagnetic jerk around 1985 in the
Pacifi c zone may bring some questions about the real exis-
tence of this event. Indeed, in Paper I and in this study, a
jerk is defi ned by a large area of the Earth’s surface con-
cerned by a jerk signal (a change of sign of the Eastward
acceleration of the magnetic fi eld Ÿ ). As only few mag-
netic observatories operate in the Southern Pacifi c Ocean,
the comprehensive model CM4 has few constraints to ex-
trapolate the jerk signal effectively present in the available
observatory data. It is thus possible that CM4 overestimates
the real area concerned by a jerk signal (fi gure 4). In any
case, the correlation between geomagnetic jerks and pres-
sure maxima remains valuable, since flow models are com-
puted from the comprehensive model that do exhibit a jerk.
If CM4 overestimates the extension of this event then the as-
sociated pressure maximum is probably not relevant for the
core. Let us also remind that geomagnetic jerks have only
been witnessed in ground-based magnetic series so far, be-
cause none has occurred during the effective life time of the
last magnetic satellite missions. Observing such an event
in magnetic satellite data will bring a real benefi t in globally
characterizing geomagnetic jerks. Indeed, their geographical
extension will be more precisely determined and the length-
ening of the detailed time series will give more weight to the
geomagnetic jerk-pressure correlation exposed in this study.

This link between pressure maxima and jerk occurrences
may appears, at fi rst sight, similar to modifi cations of the
flow energy associated to geomagnetic jerks [Hulot et al.,
1993]. Nevertheless, this is not exactly the case. Even if
the pressure and velocity fi elds are related by the tangential
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geostrophic assumption, pressure and energy maxima do not
always appear simultaneously in our flow time series. As
a result, the signature of a geomagnetic jerk in the flow en-
ergy is less clear than in the dynamical pressure: each energy
maximum does not correspond to a jerk, and each jerk does
not correspond to an energy maximum (or to a change of the
energy slope [Hulot et al., 1993]). The existence of pressure
maxima during geomagnetic jerks is not contradictory with
the result of Bloxham et al. [2002]. Pressure maxima indeed
result of a smoothly time-varying flow that do not exhibit
other special feature at jerk times. The flow models we ob-
tain are more complex than those of Bloxham et al. [2002]
but they do explain a more complex signal: the global extent
of geomagnetic jerks at the Earth’s surface.

Understanding the physical meaning of the observed pres-
sure maxima is an open and interesting question. Indeed,
they can either be related to a special event in the bulk core
dynamics or just represent usual temporal fluctuations of the
geodynamo. Answering this question will help in elucidat-
ing the origin of geomagnetic jerks: which are the processes
requiring secular variation to vary so abruptly at some given
epochs, or alternatively, why does secular variation evolve
linearly between these events?

Acknowledgments. All maps were plotted using the GMT
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fluctuations de la longueur du jour, Ph.D. thesis, Universit é Paris
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¥�i#khV!chZ][�Y�` �M©7�

�2\5gwn6V�W!\5^hn%V!Z]^hn�Z5iT\5^1[�Y�Z(�hghoCu�e²xoTe0V!�B\5Y�V.[�Z]\5^2fw`�e0Vv^h`TgwW/Z(¬bad`�¸5oT^hobY�V.[�Z]\5^Ofh`�e�x � � �*�
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adZ(`TYde]Z(`Tgy��gh^h`�n�Z(adche]`¢Y�`bchY�obn�`b^1[#V.[�Z(\5^ fw`�¤4\5^hi�[�Z]\5^hndn�i'V.e0V!Z]Y�`bn§n�ghY�e0V�n�cwkh¬bY�`!�<^w\5ghn
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Ÿ (t)
©±`T[¢ib`Tg�� fh`je0V chY�`bn�n�Z(\!^ ¸!ob\5n�[�Y�\!chkhZ(pMgh`£V!g n�\5aXad`T[�fwg ^h\��5V!gy�

n�`baq�he]`-[�Y�¬Tn´iTe0V!Z]Y�` � TC�/adZ(^d`T[<V!e��s�/ºA"#" �����MU6V�fwoT[�`TiT[�Z(\5^Xfyxgw^h`�n�`bib\!ghn�n�`OV!chcmV.Y�`badad`b^1[
^h\!^�r@Y�obcB`bY�[�\5Y�Z]ob`£V!gw[�\5ghY�fh`�µ�!5¨5Ò fmV.^hn�e]`bn¢fh`bg/� ib\5ghY��`Tn�W/Z(`T^1[liT\5^wÑmY�aX`TY¢e]`�e(Z(`T^
o�[�Y�\!Z][2`b^1[�Y�`qib`TnOfh`bg�� cmV!Y�V!aX¬�[�Y�`bnb� (�Y�Z]^hibZ]cmV!e(`TaX`T^1[�e]\�ibV!e(Z]n�oRfmV!^hn�e(` (*V!ibZsÑmpMgh`  gwfy�
e²xo�W5¬b^w`bad`b^1[«fh`Oµ�!5¨!Ò�`bn�[«oT¸1V!e]`bad`b^1[�fho�[�`bi�[�o�fmV!^wn�e(`bn�fh\5^h^hoT`bn«fyx�\5�hn�`bY�W.V.[�\5Z(Y�`bn�n�Z][�gwobn
fmV.^hn�ib`T[�[�`RY�oT¸5Z(\!^y�



� � �
���*��� � ������� �����

U"`bn�c`TY�n�cB`bi�[�ZsW5`bn�fh`-aX`Tn�[�Y�V'W.V!g�� chY�oTn�`b^1[�obn<fhV!^hn�ib`�aXoTaX\!Z(Y�`<Y�`bcB\5n�`b^1[<n�ghY�fh`bg��
chY�Z(^hiTZ(cmV!g/��V~��`bnb�!®¯xV!�\!Y�fy�~e(`Tn*¤4gw[�ghY�n*chY�\���`�[�nCf xzV!iTpMghZ(n�Z][�Z]\5^,fh`vfh\5^w^hob`TnCa±V.¸5^hoT[�Z(pMgh`Tn
Y�`TchY�oTn�`T^M[�`b^1[-fh`2¤�V.�hghe(`Tg��X`bn�c\5Z]Y�n´c\5gwY´[�\!gw[v¸5oT\5aXV!¸5^ho�[�Z(iTZ(`T^y� T�^hn�ghZs[�`.�we0V,c\!ghY�n�ghZ][�`
fhg�fhoTW!`be(\!chc`TaX`T^1[�fh`Tn Z7��}A2±�#�vfyx\!^hfh`be]`T[�[�`bn-n�gwY2e(V§n�chkh¬TY�`qu§fh`Tn2o�[�ghfh`Tn�che]ghn-V!chche]Zsr
pMghob`Tn2`�[-che(ghnKiT\5adche(¬�[�`bn�ad`On�`Taq�he(`Ogw^h`RoTW/Z(fh`T^hib`.�

� 6 � 	+E 	�3�B ��3 =��F6 E B */*/*
U"`bn�fh`bg��§¤4g�[�ghY�n�cwY�\���`�[�n�fyxzV.ibpMghZ(n�Z][�Z(\5^ fh`�fh\!^h^hob`Tn´aXV!¸5^woT[�Z]pMgh`bnT�1p/gw` ��`�chY�obn�`T^1[�`

Z(iTZ��BaX`q[�Z(`T^h^h`b^1[RcmV.Y�[�Z]ibghe]Z(¬TY�`bad`b^1[Ru�iT\�`TghYOi'V.YOZ(e(n�n�\5^1['�6u�ad\5^�n�`T^hnb�"chV!Y�¤�V!Zs[�`TaX`T^M[
ib\!aXche]obad`b^1[#V.Z(Y�`Tnb�

T�^j`T�`T['�e(`Tn�\5�hn�`bY�W!V~[�\5Z]Y�`bn2fhZ][�n {�¤4\5^hfwn�fh`qad`bY��MW5\5^1[OcB`bY�aX`�[�[�Y�`¯fyx�\5�w[�`b^hZ]Y�fh`Tn
fh\5^w^hob`Tnb�"u±e(VXn�ghY�¤�V!iT`qfh`�e0V �%`bY�Y�`!�fmV!^hn�fh`bn�Y�ob¸5Z]\5^hn ��ghn�pMgyx�Z(iTZ%[�\![#V!e]`bad`b^1[�W/Z]fh`bn2fh`
[�\!gw[¯\!�hn�`TY�W.V.[�\!Z(Y�`.�%U«x�Z(adcB\5Y�[�V!^hib`dfh`Tn t \!^h`bnqZ]aXad`bY�¸5ob`Tn,V!aX¬T^h`±fw`±che]ghn�`T^°che]ghn¯e(V
ib\!aXaqgw^mV!gw[�odn�ibZ]`b^1[�ZsÑmpMgh`�u¢nbx�Z(^1[�oTY�`bn�n�`TY V!g�� t \5^h`bn¯\�iTo'V!^hZ]pMgh`bn,`T[qV!g��£cB\5n�n�Z(�hZ]e(Z][�obn
fyx�Z(adche0V.^M[�V.[�Z]\5^hnKfh`¯n�[#V~[�Z(\!^hn�V.gw[�\5aXV.[�Z(pMgh`bn2fh`¯ad`bn�ghY�`Tnb� U6`¯i#kmV!e(e]`b^h¸!`�Y�`bn�[�`qZ(adcB\5Y�r
[#V.^M[2fhg cB\5Z]^M[-fh`,W/gh`�[�`bi#kh^h\!e(\5¸5Z]pMgh`�`�[�n�ibZ]`b^1[�ZsÑmpMgh`!� ®�`bn2ib\5^1[�Y�V!Z(^1[�`bn�fwo���uXY�obn�\5e(gh`Tn
cB\5ghY�e(`Tn�aXZ]n�n�Z(\5^hn*n�V.[�`be]e(Z][�V!Z(Y�`bn*Y�`bn�[�`T^M[�cB\5n�oTn«c\5gwY�fh`K¤4gw[�ghY�`bn«n�[�V.[�Z]\5^hn�¤4\!^hfhn«fh`Kad`bYb�
ib\!aXad`2¥�µF©"e�x�gw[�Z]e(Z]n�V.[�Z(\5^�fw`<aXV.[�oTY�Z0V.g��RY�oTn�Z]n�[#V.^M[�u2e(V-iT\5Y�Y�\5n�Z]\5^¯`�[Cu-e0V�chY�`Tn�n�Z(\5^y�w¥�º!©6e(V
^hoTib`bn�n�Zs[�o�f xgh^w`�cmV!Y�¤�V!Z][�`KoT[#V.^hi#khobZs[�o.�y¥�Ð1©«e²xzV.chchY�\�W/Z(n�Z(\5^w^h`bad`b^1[�`b^�oT^h`bY�¸5Z(`-cmV!Y�i'¹.�he(`Tn
n�\!ghn�r a±V!Y�Z(^hn´\5g��mV~[�[�`TY�Z]`bnv`�[,¥ �M©«e0VR[�Y�V.^hn�adZ(n�n�Z(\!^±fh`TnKaX`Tn�ghY�`bnb�hU6`TghYvY�o'V!e]Z(n�V~[�Z(\!^ ¥
��Zsr

(*),+.- ��� � / < ��� 243B�(�>6/�2�����7�J���������Y6�G ���j�AH������7|~}!�H�~����� C/�#�	2d}�C!� ���²�
Db�m�R����C/�#�����(�#���²�7�
Db�m�Z'�~��6J6/�.2±������! � 8[6/����G }!� C!�s}!�(�+�R}���}!���%� ! � H�������|~}!�@�~�9� : N 0 ���<�AH������7|~}!�H�~�����,�#���������²�m�E 2 �%���@?m� 2 �������m�²���±�s} 0 }!� � Z'�~�7�m�������:�O}���}!��� ; E�� �
�
� 2 6/�I3B���[Z'�~��6/����� 6/�,3B���(� �«�
!	�
��� N



��� �

¸5gwY�`d¨w�Ð1©�`b^£`bn�[¯`T^hib\5Y�`±V.g n�[#V!fh`§`7�wcBobY�Z(ad`b^1[#V.e�`T[,Y�`Tn�[�`dib\ �w[�`Tghn�`§Ñm^mV!^wibZ(¬TY�`TaX`T^M[b�
(�e(gwn�Z(`TghY�n�chY�\5¸5Y�V.aXad`bn«fyx�\5�hn�`bY�W.V.[�\5Z(Y�`bn�{�¤4\5^hfXfh`�ad`bY*�y¥²Ó.��Ô ��©�\5^1[<W/g�e]` ��\!ghY´iT`bn
fhZQ�_fh`TY�^hZ]¬bY�`bn-V!^h^hoT`bnT�

U"`bnKad`bn�ghY�`Tn2V.ibpMghZ(n�`bn�cmV!Y<ib`bn�n�[#V.[�Z(\5^hn´W5\5^1['�w^h\5^�n�`Tghe(`TaX`T^M[�cB`bY�aX`�[�[�Y�`�e(VqY�o'V.e(Zsr
n�V.[�Z]\5^_fh`Oad\�fh¬Te(`Tnvfh`Oi#kmV!adc¢V'W5`bi,n�`Tghe(`TaX`T^1[�fh`bn�fh\5^w^hob`Tn2V.ibpMghZ(n�`bn-u e0V¯n�ghY�¤�V.ib`Rfh`
e(V �*`TY�Y�`¯¥�fw\5^hi�e0VOfhZ]aXZ]^/g�[�Z(\!^qfh`bn�Z(^ ¡ gh`b^wib`bn�fh`Tn´iT\5^1[�Y�Z]�hgw[�Z(\5^hn�`7�/[�`bY�^h`bn´n�`TY�V�`T^hib\!Y�`
che]ghnvZ]aXcB\5Y�[�V!^1[�`'©«aXV!Z(n�ob¸5V!e(`TaX`T^M[vY�`b^wfhY�`OcB\5n�n�Z(�he]`�e²xo�[�ghfh`�fh`Oe0V�W.V!Y�Z0V.[�Z(\5^dn�oTibghe(V!Z(Y�`
fh`O¤�V!¶T\5^�obadZ(^h`TaXad`b^1[Kcwe(ghnKchY�obiTZ(n�`.�

U"`Xn�`biT\5^hf chY�\���`T[�fh\5^1[ ��`dn�\!ghkmV!Zs[�`§W5\5ghn�cmV!Y�e(`bYRZ]ibZ«n�`Xn�Z][�gh`bY�V�u¢che(gwn�Z(`TghY�n,ib`T^�r
[�V!Z(^h`Tn6fh` � Z(e]\5ad¬T[�Y�`bn6fyxV!e][�Z][�ghfh`�V!g¯fw`bn�n�ghnCfh`Tn�\5�wn�`bY�W.V.[�\5Z]Y�`Tn%¤4\5^wf¯fh`´aX`TYb���OY�¹!iT`<V!g/�
`T^hn�`TZ(¸5^h`TaX`T^1[�nq[�Z]Y�oTnqfh`bn cwY�obiTobfh`T^1[�`bn§adZ(n�n�Z(\!^hn¯n�V.[�`Te(e(Zs[#V!Z]Y�`Tn�`�[ ¸5Y�¹.ib`_V!g/�°Y�obib`T^1[�`bn
V!adobe]Z(\5Y�V.[�Z]\5^hn«[�`Ti#kh^hZ(pMgh`Tnb�Je(`Oe(V!^hiT`bad`b^1[�fh`Rib\5^wn�[�`Te(e(V.[�Z]\5^hnvn�V.[�`Te(e(Zs[#V!Z]Y�`Tn<n�`Taq�he]`Oc\5nHr
n�Z(�he]`!�%��Z(^wn�Z��%e0V�¤4gw[�gwY�`_adZ(n�n�Z(\5^  0<V!Y�a���¥�{O`bn�n�V!Z(a �·`T^�V!^h¸5e(V!Z(n�©R`Tn�[ `T^�iT\5ghY�nqfh`

(*),+.- ��� � / �6�>3m�����������~�m� � 2±���m� 61}!�w� ��G ���m|������~�m� � 2±���m�K�H���7���#�����#�B6/� �s}��#�~�w���H�����s}!�����~�
6/�#���b}!�@����� ���@�#�F6!�'3B��� �'��� 
 ��}!� 2JN
fho�W5`Te(\5chcB`bad`b^1[b��U6V,ib\5^hn�[�`Te(e0V~[�Z(\!^ fh`TW/Y�V.Z][ �T[�Y�`2e(V!^hiTob`�W5`bY�nKºA"A"#!w�MU�x\!����`bi�[�Z]¤ fh`�iT`T[�[�`
adZ(n�n�Z(\!^O`bn�[*fh`«cB`bY�ad`T[�[�Y�`�e²xo�[�ghfw`´e(V�cwe(ghn6ib\!aXche]¬T[�` ��V!a±V.Z(nyY�o'V!e]Z(n�oT`«fhg�i#khV!aXc,¸5oT\5a±VFr
¸5^woT[�Z]pMgh`,[�`bY�Y�`bn�[�Y�`q`T[�fh`¯n�\5^l`T^MW/Z]Y�\5^h^w`bad`b^1['� U%Vdib\5^wn�[�`Te(e(V.[�Z]\5^  0vV.Y�a¢�B`Taq�mV!Y�pMghob`
u��B\5Y�f f xgh^§n�`bgheme(V!^hib`TghYb�!ib\5adchY�`T^hfhY�V�[�Y�\!Z(nCn�V.[�`Te(e(Zs[�`Tn�Z(fw`b^1[�Z]p/gw`bn�ib\!^hn�Z]fhobY�obn«ib\5adad`
¤�V!Z]n�V!^1[-cmV!Y�[�Z6fyx�gh^ aJ�bad`�n��/n�[�¬TaX`X³fw`bg���fyx�`b^1[�Y�`q`bg/�lfwobibY�Z(Y�\5^1[�gh^w`¯\5Y��hZ][�`�cB\5e0V.Z(Y�`

� 3���*'-#%'� 8�� 7�!��J!&H��"�0�D��8����	�
����� < � �A< *'+�$�2C< (�+"-7$&< B -�� ��B �����B � < �0�/� %
� 3���*'-#%'� 8�� 7�!��J!&H��"�0�D��8����	�
����� < !A$���< *'+0��� !A$��K�����25������������'51;��� "!5$#�#�9-/�$!&%"< �0����%



� � �

n�Zs[�ghoT`�Z]^hZ][�Z0V!e]`bad`b^1[«u � & " � a f xzV!es[�Zs[�ghfh`�`�[ve(`-[�Y�\5Z(n�Z(¬bad`�cmV!Y�ib\5ghY�Y�V,gh^h`OV!g�[�Y�`2\5Y��wZ][�`
n�Zs[�ghoT`,u9&A&A" � a ¥4Ñm¸5gwY�`,¨w� �M©��

U"`bghY�nqZ(^hn�[�Y�ghaX`T^1[�nqfh`±kmV!gw[�`±Y�oTn�\5e]gw[�Z]\5^·ad`bn�ghY�`TY�\5^1[ fw`�a±V.^hZ(¬TY�`d`��/[�Y7�bad`bad`b^1[
chY�obibZ]n�`Xe�x�Z(^1[�`T^hn�Zs[�o!�%e0V�fhZ]Y�`bi�[�Z]\5^·`�[qe(`Tn�W.V!Y�Z0V.[�Z(\5^hnRfhg·i#kmV!adc°a±V.¸5^hoT[�Z(pMgh`d[�`bY�Y�`Tn�[�Y�`
`b^±e(`bn´ib\5adche]oT[#V.^M[´cmV!Y�fyxV!gw[�Y�`bn<fh\5^h^hoT`bnvfw`�^mV'W/Z(¸1V~[�Z(\!^y�MfyxzV.ibiboTe(oTY�\5ad¬T[�Y�Z(`�`�[vfh`�ad`�r
n�gwY�`bn±obe(`TiT[�Y�Z(pMgh`Tnb�v�<`bn�\5�wn�`bY�W.V.[�Z]\5^hn±cB`bY�aX`�[�[�Y�\5^1[Xfh` ad\�fhoTe(Z]n�`bY§`�[�fh`�n�obchV!Y�`TY�e(`Tn
fhZs� oTY�`b^1[�`bn¢n�\5ghY�ib`Tnlfhg i#kmV!adc ¸!ob\5aXV!¸5^ho�[�Z]p/gw`!� T�e(e]`bn_ib\!^M[�Y�Z]�hgh`bY�\5^1[loT¸1V!e]`bad`b^1[¢u
oT[�ghfhZ]`bYOe0V�iT\5adc\5n�Z][�Z(\5^ fwg£¸!e(\5�B`!�yn�`bnRchY�\�iT`bn�n�ghn,Z(^1[�`TY�^h`Tn,\!g£`T^hib\!Y�`§e�x�Z(^ ¡ gh`b^hiT` fhg
 \5e]`bZ]e n�gwY-e]`On��/n�[�¬bad`,[�`bY�Y�`bn�[�Y�`�� �mY�Z]Z(n�rH�<khY�Z]n�[�Z(`b^wn�`b^_`�[2V!e��s�JºA"#"�� ���

*/* * � =
	�3 8�6 � 	+E 	�3�B ;>=28�?A@76AB *

U�xzV!iTpMghZ(n�Z][�Z]\5^qfyx�gh^ ^h\!aq�hY�`<n�ZwZ]aXcB\5Y�[#V!^1[*fh`Kfh\5^h^wob`bn�^wobib`Tn�n�Z][�`TY�VRfh`ve(V�cmV!Y�[�fh`ve(V
ib\!aXaqgw^mV!gw[�o2¸5oT\5aXV!¸5^ho�[�Z(iTZ(`T^h^h`�fh`�^w`�cmV!n´n�`2e0V!Z]n�n�`TY´n�gh�had`bY�¸5`bYT�w®�V.^hn<iT`�ib\!^M[�`��/[�`.�
e(`Tnvad\�fh¬Te(`Tnv`b^�kmV!Y�aX\!^hZ(pMgh`TnKn�chkhoTY�Z]p/gw`bn�^h`Oa¢xzV!cwcmV!Y�V.Z(n�n�`b^1[�cmV!nKiT\5adaX`�e]`�n�`Tghey\5g/r
[�Z]e�fh`§ad\�fwobe(Z]n�V.[�Z(\5^�a±V~[�khoTa±V.[�Z(pMgh` u_gw[�Z(e]Z(n�`TYb�U"`bn Z7��}A2±�#��f x\5^wfh`be]`T[�[�`bn,c\!ghY�Y�V!Z(`T^M[
V'W.V!^1[#V!¸5`Tghn�`TaX`T^1[ [�Z(Y�`bYqchV!Y�[�Z<fh`�iT`bn§^h\5g�W5`be]e(`Tnqfh\5^h^wob`bn§adZ(`Tg�� Y�obchV!Y�[�Z(`bnT��ªwx�`bn�c¬TY�`
V'W5\5Z]Y�Y�obgwn�n�Z�uXn�\5ghe(Z]¸5^h`TY-e(VdcB\5Y�[�ob`,fhg�fhoTW!`be(\!chc`TaX`T^1[�fyx�gh^l[�`be"[@�/c`�fh`¯ad\�fw¬be(`.�JU"`
^h\5a¯�hY�`Xfh`_ib\/`�QdibZ]`b^1[�n¯^hobiT`bn�n�V!Z(Y�`bndV!g°ibV!e(iTghe�fh`bn ad\�fw¬be(`Tn¯`T^ kmV!Y�ad\5^hZ]pMgh`bn�n�chkho7r
Y�Z]pMgh`bn�fhobcB`b^wf±fh`-e0VRY�oTn�\5e]gw[�Z]\5^§n�\5ghkhV!Z][�ob`!�MpMghZJ`be]e(`7r@aJ�bad`vfhobcB`b^wf±fh`-e0VRfhZ(n�[�Y�Z(�hgw[�Z(\5^
Z(^wZ][�Z(V!e(`´fh`bn�fh\5^w^hob`Tnb��U6`Tn´fwoTW5`Te(\5cwc`TaX`T^M[�n<`T^IZ7��}A2±��\!^hfh`be]`T[�[�`bn�^h`-Y�`Tc\5n�`b^1[´p/gw`2n�ghY
e0VqfwZ(n�[�Y�Z]�hgw[�Z]\5^_Z(^wZ][�Z(V!e(`-fh`Tn-ad`bn�ghY�`Tnb�

�2\![�Y�`2\5����`bi�[�Zs¤"`bn�[vfh`2Y�`bcwY�obn�`b^1[�`TY<[�\!gw[�`Tn<e(`Tn´n�\5ghY�ib`bn<fhg�i#kmV!adc±aXV!¸5^woT[�Z]pMgh`-[�`bYHr
Y�`Tn�[�Y�`�fmV.^hn e�x�`bn�cmV!ib`±`b^°[�Y�\5Z(n�fhZ(ad`b^wn�Z(\!^hnb�*ule�x�Z(^1[�obY�Z]`bghY�`T[§V.gw[�\5gwY¯fh`�e(V �%`bY�Y�`!�*`b^
[�`T^mV!^1[�iT\5adcw[�`,fh`¯e(V§W.V!Y�Z0V!�wZ(e(Zs[�o2fh`bn2obi#kh`Te(e(`Tn�n�cmV.[�Z(V!e(`Tn2`�[2[�`badc\!Y�`be]e(`Tnb�^�2\!ghn�V'W5\!^hn
fhoL��u¢`7�wcwe(Z(pMghode�x�Z(^1[�obY���[,`T[,e0V_¤4\5Y�iT`§fh`bn�\5^hfh`Te(`T[�[�`Tn�cB\5ghYRe(`Tn�fw`bn�iTY�Z]cw[�Z]\5^hnRfyx�obi#kh`Te(e(`Tn
n�chV.[�Z(V!e(`Tnb�A(%\5ghY,e(`bnRoTi#kh`be]e(`bnR[�`TaXcB\5Y�`be(e]`bnT�yche(g�[�.![RpMgh`dfyx�gw[�Z]e(Z(n�`bYOfh`Tn�n�che(Z]^h`bnO[�`badc\.r
Y�`Te(e]`bn±pMghZ {¯aX\��5`T^h^h`T^M[2��e]`bn�fw\5^h^hoT`bnb�Ke²xg�[�Z(e]Z(n�V.[�Z]\5^ fyx\!^hfh`be]`T[�[�`bn�[�`badc\!Y�`be]e(`Tn±`bn�[
cmV!Y�¤�V!Z][�`bad`b^1[«`b^1W/Z(n�V!¸5`bV!�he(`.�/U6`Tn<chY�\�iT`bn�n�ghn<u,[�Y�¬bn�e(\5^w¸,[�`bY�ad`�fh`�e(VOfw�/^mV!ad\h�Mib\5adaX`
e(`Tn´Z]^1W5`bY�n�Z]\5^hn<`�[<`7��ibghY�n�Z(\!^hn<fhg±i#kmV!adcy�Mn�ghY´che(ghn�Z(`TghY�n�aXZ]e(e]Z(\5^hn*fyxV!^h^hoT`bnb��c\!ghY�Y�V!Z(`T^M[
�T[�Y�`¢aX\/fhoTe(Z(n�obndu e²xzV.Z(fh`�fyx�\5^hfh`Te(`�[�[�`TnX[�`badc\5Y�`be]e(`bn ¸!Y�V!^hfw`bn±oTi#kh`be]e(`TnX[#V.^hfhZ(n§pMgh` n�V
fw�/^mV!adZ(pMgh`du�ib\5gwY�[R[�`TY�ad`!�"`���chY�Z(adob`§cmV!YOe]`bnRn�`Tib\5gwn�n�`Tnb�*c\5gwY�Y�V.Z][Y�T[�Y�`§Y�`TchY�oTn�`T^M[�ob`
cmV!Y«fh`Tn<\5^wfh`be]`T[�[�`bn«[�`TaXcB\5Y�`Te(e]`bn�fh`-che(gwn�cB`T[�Z][�`bn�obi#kh`Te(e(`Tnb��Ô �TaX`-e(`Tn�o�W5oT^h`bad`b^1[�n<a±V~r
¸5^ho�[�Z]p/gw`bn�u§[�Y�¬bn�iT\5ghY�[2[�`bY�ad`!�JiT\5aXad`Re(`Tn2\5Y�V!¸5`Tn�aXV!¸5^ho�[�Z(pMgh`Tn2fw`�che]ghn�Z]`bghY�n2kw`bghY�`bn
u§p/gw`be(pMgh`Tn�n�`bib\!^hfh`bnT�n�`bY�V!Z(`T^M[2n�gwn�ib`Tcw[�Z]�he(`Tn2f x ��[�Y�`,Y�`TchY�oTn�`T^M[�obnT� P2^¢aX\/fh¬Te(`Oi'V.cmV!�he]`
fyx�`badche(\��!`bYOgh^h`§fhZ]n�[�Y�Z(�wgw[�Z]\5^ kho�[�obY�\5¸5¬T^h`§fh`bnOfh\!^h^hob`Tn¯V.ghn�n�Z��hZ(`T^jfmV!^hnRe(`¯fh\5aXV!Z(^h`
n�chV.[�Z(V!e�pMgh` [�`TaXcB\5Y�`beCcB`bY�aX`�[�[�Y�V_gh^h`§fh`bn�ibY�Z(cw[�Z(\5^jfh` [�\5gw[�`TnRe(`bnOoTi#kh`be]e(`Tn,iT\5^1[�`T^/gw`bn



��� �

fmV.^hn�e(`bnKfw\5^h^hoT`bn-gw[�Z]e(Z(n�ob`Tnb�h`�[2n�`bghe]`bad`b^1[�fmV!^wn2iT`be(e]`bnHr@ibZ²�
U"`bn,c`TY�n�c`TiT[�ZsW5`Tn¯n�\!^M[�^h\5a¯�hY�`Tghn�`TnqV'W5`Til³"e0V_cB\5n�n�Z(�hZ]e(Zs[�oqfh`dn�oTcmV!Y�`bY,e(`bnRn�\5ghY�iT`bn

Z]^M[�`bY�^h`bnC`�[�`��/[�`bY�^w`bnb�1f x\5��[�`b^wZ(YCgh^w`vaX`TZ(e]e(`bgwY�`�fhZ(n�ibY�Z]aXZ]^mV.[�Z(\5^R`b^1[�Y�`Ki#kmV!adc chY�Z(^hiTZ(cmV!e
`�[�ib\5^1[�Y�Z(�hg�[�Z(\!^hnKibY�ghn�[�V!e(`Tnb�m\5g¢i#kmV!adchn�Z(\5^w\5n�chkwobY�Z]pMgh`O`T[-aXV!¸5^ho�[�\5n�chkhobY�Z(pMgh`.�

U6V-n�obcmV.Y�V.[�Z(\5^R`b^1[�Y�`�e(`bn6n�\5ghY�iT`bn*Z(^1[�`TY�^h`Tn%`�[�`7�/[�`bY�^h`bn*`bn�[�kmV.�hZ][�gh`be]e(`bad`b^1[y¤�V.Z][�`�chV!Y
e(V�n�obe]`bi�[�Z(\!^Xfh`�fh\!^h^hob`Tn<n�`be(\!^de]`bn«Z(^wfhZ(iT`bn«¸5ob\!a±V!¸!^hoT[�Z(pMgh`bnT�5`T[��.\5gdcmV!Y«gh^dfhoTW!`be]\5chcB`�r
ad`b^1[*`b^qkmV.Y�ad\5^hZ(pMgh`Tn*n�chkhoTY�Z(pMgh`TnCib\!aXche]`T[*V'W5`Tivgh^qcB\![�`T^1[�Z(`TeMZ(^1[�`TY�^h`�`T[�gh^qcB\![�`T^M[�Z(`Te
`7��[�`bY�^h`!�C�<`bcB`b^hfmV.^M[b��e]`bn,aX\/fh¬be]`bn,Z(^1[�`TY�^h`Tn¯fh`Xi#kmV!adc·\5��[�`b^Mghn¯cmV!Y¯iT`T[�[�`±adoT[�kh\/fh`
n�\5^1[O`b^hiT\5Y�`¢{OcB\5e(e]ghobn«�lchV!Y�ib`TnOib\5^1[�Y�Z(�wgw[�Z]\5^hn�`7��[�`bY�^h`bnT�6U6`TnOi#kmV!adchn�`7��[�`bY�^h`bnR\5^1[
fhZs� oTY�`T^M[�`bnRobi#kw`be(e]`bnOfh` [�`badchnO`T[RfhZs� oTY�`T^M[�`bnR¸5oT\5aXo�[�Y�Z(`bnT�"U�xg�[�Z(e]Z(n�V.[�Z]\5^�f xgh^w`YZ7��}A2±�
fyx�\5^hfw`be(`�[�[�`bn��wZ(`b^lib\5^1[�Y�V!Z(^1[�`�¥4c\5n�Z][�Z(\5^h^w`bad`b^1[-fh`bn�\!^hfh`be]`T[�[�`bn2^h\5^ n�`bghe]`bad`b^1[�fhV!^hn
e]`j^h\��1V!g `T[¢e0V iTY�\��w[�`�a±V!Z]n�ob¸5V!e(`TaX`T^M[�fhV!^hn¢e�x�Z(\5^h\!n�chkh¬TY�`j`�[�e(V°a±V.¸5^hoT[�\5n�cwkh¬bY�`�©
fh`�W/Y�V!Zs[�cB`bY�aX`�[�[�Y�`dfyxzV.aXoTe(Z(\!Y�`bYOn�`b^hn�Z(�he]`bad`b^1[�e(`bn,ad\�fh¬Te(`Tn,Z]^1[�`bY�^h`bn�fhg·i#khV!aXc a±VFr
¸5^woT[�Z]pMgh`d[�`bY�Y�`bn�[�Y�`!�CU"`Tnq^h\5gwW!`'V!g/�°ad\�fw¬be(`TnRfhobiTY�Z(Y�\5^1[¯[�\5gw[�`Tn¯e]`bn,obi#kh`Te(e(`Tnqn�chV.[�Z(V!e(`Tn
`�[K[�`badcB\5Y�`Te(e(`Tnvfh`Tn2fhZs� oTY�`T^M[�`bn�n�\!ghY�iT`bnb�

�<`bn�c`TY�n�cB`bi�[�ZsW5`bn�^h`<n�\5^1[CcmV!n%n�`Tghe(`TaX`T^1[�V!chcwe(Z(ibV!�he]`bn%V!g¯n�`bghe�fh\5aXV!Z(^w`�fwg¯¸5oT\5a±VFr
¸5^woT[�Z]n�ad`!�wU%V cB\5ghY�n�ghZs[�`�fh`RaXVqib\5e]e0V!�B\5Y�V.[�Z]\5^±V'W!`biRe(`Oe(V!�\!Y�V.[�\5Z(Y�`2fh`O¸!Y�V'W/Z(adoT[�Y�Z(`2`T[
¸5oT\�f���^hV!aXZ]pMgh`�¥²®�oTcmV!Y�[�`bad`b^1[´fh` �Oob\!chk1��n�Z(pMgh`  cmV.[�Z0V!e]`K`T[ («e(V!^ho�[#V!Z]Y�`!� P�Ô � R "#!5Ò5©
fh`�W/Y�V!Zs[´cwY�\/i#kmV!Z(^w`bad`b^1[<fw\5^h^h`TY´e]Z(`bgdu,gh^h`-oT[�gwfh`�iT\5^���\5Z]^M[�`�fh`bn´i#kmV!adchn´aXV!¸5^woT[�Z]pMgh`
`�[�fh`Rc`Tn�V!^1[�`TghY-fyxgw^h` t \5^h`Rfhg (�V!iTZ]ÑmpMgh`  gwfy�



� �������
� ������� � �


��e]`��wV!^hfwY�`bn�ibgy�/Ô£�]�1®�� �RZ]�`TY�[b� � �#&-ghe(\![b�5ªw� rHU��!U6`-Ô¢\5g��be²�!`�[ �§�  V!Y�V.ibib\d¥Hµ�!#!�&!©��J®�`7r
[�`bi�[�Z]\5^±\!¤ ¸5`b\!a±V!¸!^h`T[�Z(i ��`bY � n´ghn�Z(^h¸�0vV'W!`be(`�[KV!^hV!e]�/n�Z]nb����N1\2�#�@3�?���� N ]-�#� N � �
�*¥
� R ©��
µFº#&#& R�� µFº#& R º��

��e]`��wV!^hfwY�`bn�ibgy��Ô£�]��®�� �RZ]�`TY�[b� � � &2gwe(\![b��ªw� rHU��CU"`¢Ô�\5g �be���`T[�� �  V!Y�V!ibiT\�¥�µ�!#!!Ò1©��
�·\5Y�e(f 0�Z]fh` 0<V'W5`be]`T[�V!^hV!e]�/n�Z]nC\!¤J¸5`T\5aXV!¸5^h`�[�Z(i���`bY � nT����N \2�#�@3�?��F� N^]��#� N � ���!�!º�µ�! R & �
º�µ�!#! �w�

�vV!i � ghnT� � �K¥�µ !5Ò5¨1©7�
	OZ(^h`Ta±V.[�Z(iTn�\!¤-¸5`T\5aXV!¸5^h`�[�Z(idn�`Tibghe(V!Y¯W.V!Y�Z0V.[�Z(\5^ Z(^ V cB`bY�¤4`biT[�e]�
ib\5^hfwghiT[�Z(^h¸dib\5Y�`!� 	�?/���(��� N �h��}!�w� N ].N 
y��� NA�%�~��6/�~� � ! ���5�Bº!ÐA! � º!Ò5Ò��

�vV!i � ghnT� � �]� �,��(�V!Y � `TYb�5`�[����1���h¥�µ�!#!!Ò1©��^K*�~�/��61}!�²���~�w���[Z1C/�#�	2d}�C!� ���²�(� 2 �h�vV!aq�hY�Z(fh¸5`
P2^hZsW5`bY�n�Zs[@� («Y�`bn�nb�

�vV!Y�[�`Te(nb�-ªw�s� ����&��+&-`bi � �-`T[�&��2ª!\5kh^hn�[�\5^ ¥�µ�!!Ð#!1©�� �Kkh`�[�khY�`b`7r@kh\5gwY�r@Y�V!^h¸5`£Z(^wfh`��
aX`bV!n�ghY�Z(^h¸§¸5`T\5aXV!¸5^h`�[�Z(i�V!iT[�Z]W/Z][@�!����N \2�#�@3�?��F� N�]��#� N%¥ � �M©7� �hµ5µ!�

�<`Te(e0V.^h¸5`bYT�^TK�]�®¯� �OZ(�B`bY�['�m`�[Rªw� rHU�� U"`qÔ�\5g��Tev¥²ºA"#"1º5©7��� ¸5`T\5a±V.¸5^h`T[�Z(iO[�Y�Z(¸5¸!`bY�Z]^h¸§\!¤
i#kmV!^hfhe]`bY 0´\5�h�he]`,cwkmV!n�` ��ghadchn� \2�#�@3�?���� N ]��#� N �6���²�ON !���¥ R ©7�mº!¨ �/µ � º!¨ ���h�

�<`�[�kh\5g/� �#���s� �§�5Ó�ghZ(e]e(\5^y�F`�[´Ô ���2Z]ib\5e(V!nK¥Hµ�!#!5¨5©�� �Kkh`�Z]^hn�[�Y�ghad`b^1[#V.ewn�`TZ(n�aXZ]ibZ][@�,\!¤J[�kh`
0<`Tn�[�`TY�^·V!e(chn ³ n�cmV.[�Z(\.r�[�`TaXcB\5Y�V.e*cmV~[�[�`TY�^hn,V!^hV!e]�/n�`Tf
0�Z][�kj[�kh` 0vV'W!`be(`�[�[�Y�V!^wn�¤4\5Y�a��
\2�#�@3�?��F� N���N ��m�ON � � �!�yµ R#R�� µ�! �h�

�<e]\���kmV.a���ªw�s�  ���yV.[�a±V.^y��`T[_Ô �<®2ghaq�B`bY�Y�� ¥²ºA"#"1º!©�� �Kkh` \!Y�Z(¸!Z(^ \!¤O¸5`T\5aXV!¸5^h`�[�Z(i
��`bY � nT� 5O}!�²�/��� �!	�~�mÒ�& � Ò5¨w�

�vV!Z]^y�ªw� ���V!^hf�®�V.^hZ(`Te(nb��� �s�  � &-`b^hfhY�Z(i � nb�`T[�®¯�yª!`T^hn�`T^�¥�µ�!!Ò�&5©����2^l`TW.V!e]gmV.[�Z(\5^¢\!¤
[�kh`RaXV!Z(^_¸5`T\5aXV!¸5^h`�[�Z(i2Ñm`be]fy�]µ ! ��"~r�µ�!5Ò1º�����N \2�#�@3�?��F� N ]��#� N ���~�mÐ5Ò � R�� Ð5Ò R �w�

�<kmV!a¯�\/fhgw[b�<�¯�s����� TC�/adZ(^y��`T[�Ô �KÔlV!^hfh`bV ¥�ºA"#"��M©�� �O`b\5aXV!¸5^h`�[�Z]i ��`TY � n�Z(^�[�kh`
ib\5adchY�`Tkh`b^wn�Z]W!`<aXV!¸5^h`�[�Z]iCÑm`be]f¯ad\�fh`Te(n�³'[�kh`bZ]Y%`bV!Y�[�kyx�n�n�gwY�¤�V!iT`´fhZ]n�[�Y�Z(�wgw[�Z]\5^y�����~� 2 �(�
E \2�#�@3�?��F� N�]��#� N �6����� N(�



��� � �%�  �
� ���^����� � ���

�<kmV.aq�\/fhgw[b�*���*`�[dÔ �CÔlV!^hfh`bV ¥�ºA"A" �M©���TCW�Z]fh`b^wib`±¤4\5Y�¸5`b\!a±V!¸!^h`T[�Z(i ��`bY � n Z]^·ibaXÐ
ib\5adchY�`bkh`T^hn�ZsW5`,aX\/fh`be²�´���~� 2 �(�FE < }!�7��? 	´�s}!� ����� 
#3w}/�#�5�

�<kmV.aq�\/fhgw[b�F�¯�s� � � (�V!^h`�['�5Ô �5Ô�V!^hfh`bVw�1Ô �!®�Z0V.aX`T^M[b�.Ô �#&-\5e(n�i#kh^h`bZ]fh`bYT�.`�[«Óq�!ª5V!aX`�[
¥�ºA"A" �M©�� �·V'W5`Te(`T[R¤4Y�V!aX`Tn ³6V!^ V!e][�`bY�^hV.[�ZsW5`¯[�\�n�chkh`bY�Z(ibV!e�kmV!Y�aX\5^wZ(iqY�`bchY�`bn�`T^1[#V.[�Z(\5^
\!¤*c\![�`b^1[�Z(V!e Ñm`Te(fhnT�v���~� 2 �(�FE < }!�7� ? 	´�s}!� ���4� 
#3w}/�#�!�

�<kmV.aq�\/fhgw[b� ���]�6ªw�  i#k 0vV!Y�[�`.� ���"U6V!^h¸5e(V!Z(nT� &,�"U��hkhYT�y`T[�Ô �"ÔlV!^hfh`bV£¥�ºA"#"!Ð1©�� �Kkh`
n�`Te(`bi�[�Z]\5^�\!¤<fhV.[#V_Z(^jÑm`Te(f�ad\�fh`Te(e]Z(^h¸h� � ^ 	<�����#�#��6!��� C~� Z7�#�	2 ��?m�  G � ? �2�������H��6�����
�H���7�B}!�����~�B}!� 
y����� �#� �B��}A2 0 �~� Z'������� �#���J®OÔ �> iTZ(`T^M[�Z]Ñmi �-`Tc\!Y�[4"5Ð~r["A!w�Jchcy�yÐ�µ � Ð �h�
®�V!^hZ]n�klÔ�`T[�`b\5Y�\5e(\!¸5Z(ibV!e � ^hn�[�Zs[�gw[�`!�

�<kMghe]e(Z0V~['� ���"`T[ � �A&2ghe]\![X¥�º "#"wµF©7� �O`b\!a±V!¸!^h`T[�Z(iqn�`bibgwe0V!YOW.V!Y�Z(V.[�Z]\5^ ¸5`T^h`bY�V.[�`Tf·�1�£V
[#V!^w¸5`b^1[�Z(V!e(es�j¸5`T\5n�[�Y�\5chkwZ(i ¡ \ 0 gw^hfh`bY�[�kh`d¤4Y�\ t `b^ ¡ g��°V!n�n�ghadcw[�Z]\5^£r�Z��6^h`Tib`Tn�n�V.Y��
ib\5^wfhZ][�Z(\5^hnT�.\2�#�@3�?���� N���N 7�m� N �  �'�Jº!Ð R�� º��1Ò��

�<\5gwY�[�Z]e(e]\!['�	$q�s�wªw�/®�gwibY�gwZs���`�[Kªw� rHU��MU"`OÔ¢\5g��be*¥Hµ�! R ¨1©7�  gwY<gh^h`2V!iTibobe]obY�V.[�Z]\5^XY�obiT`b^1[�`
fh` e0VdW!V.Y�Z0V~[�Z(\!^ln�oTibghe(V!Z(Y�`qfhgji#kmV.aXc�aXV!¸5^ho�[�Z(pMgh`,[�`TY�Y�`Tn�[�Y�`!� 0 N ]>N �,� H@6�N 
y��}!� �#�#�
����}�6�N 
y���
N ; ����� N X !F���'� µ�"#!�& � µ�"#!5¨w�

�<\5gwY�[�Z]e(e]\!['� $¯�]�«ªw� rHU���U6`_Ô�\5g��Te���`�[dªw��®�gwibY�gwZs� ¥Hµ�!5¨ �1©��£Ó�^ �mV!i � ghnTx�a±V!^1[�e(`XÑhe][�`TY
[�kh`T\5Y��_V!^hf�[�kh` µ�!!Ò#! ¸5`b\5aXV!¸5^w`T[�Z]i�Z]aXchgwe(n�`.�.\2�#�@3�?���� N���N�].NA������� N 
y��� N ���5�mÒwµ ! �
Ò1º��h�

®�V.khe � `!�  �s� � �  [�`TZ(fhe²� `�[ � � �%`bn�i#k � ` ¥�ºA"#"�µF©��§�<\/\5Y��hZ][On�cmV!iT`bn�V!^hf��mV!^mV.i#k£¤4Y�V!aX`Tn
\5^ kh\5ad\5¸5`T^h`b\!ghn n�cmV.ib`bn 0�Zs[�k V!cwche(Z]i'V.[�Z(\5^hnR[�\�V.^mV!e]� t Z(^h¸l¤4gw^hiT[�Z(\5^hn¯\5^ n�chkh`TY�`Tnb�
�*`Ti#kh^hZ]i'V!e6Y�`Tc\!Y�['��� `b^1[�Y�gha ¤��hY �%`bi#kh^h\!a±V.[�kh`baXV.[�Z � ��P2^wZsr �´Y�`bad`b^ �

®�V.gh�`Ti#khZ(`Tnb� � �q¥�µ�!!¨5¨1©�� Ó�Y�[�kh\5^w\5Y�aXV!eR�mV!n�`bnj\!¤dib\!aXcmV.iT[�es� n�ghchcB\5Y�[�`bf 0<V'W5`be]`T[�nb�
0 �	2%2JN 	´������� 3�3B� N ��}!� ?�N ��C¥ R ©7��!#"#! � !5Òw�

®�V.gh�`Ti#khZ(`Tnb� � ��¥Hµ�!#!wµ�©�� ������(�#���²�/���#� �~� ��}!|!���(������� �KÔ �  U"`biT[�ghY�` �-\![�`Tn  `bY�Z(`bnT�
 �� �OÔ£�

®�`±Ô�Z]i#kh`be]Z(nb� (%�]�%U��*�vV.¤�V!Y�`be(e(Vw�y`�[¯����Ô¢`be(\!^hZ-¥�µ�!A!5¨1©�� �·\!Y�e(f 0�Z(fh` i#kmV.Y�V!i�[�`bY�\!¤<[�kh`
µ�!#!wµR¸5`T\5aXV!¸5^h`�[�Z(i ��`bY � �I\2�#�@3�?���� N ]��#� N �%�����ON ! �!�mÐ RAR �

TC�/aXZ]^y�%���<¥�ºA"#"��M©����´����6/�S6/�#�J2±�~�/|!� 2±���m�4�BE �s}������ ZT}/�#�B6!� � ���5}!� �H���7���#���²��� 	 6!�
���  2±�¯}!��!��� 2±�O�����#���(��� �Kkw¬bn�`�fh`�®�\�i�[�\5Y�V.['� � ^hn�[�Zs[�gw[2fh`,chk1��n�Z(pMgh`qfwg �Oe(\5�B`Ofh`
(�V!Y�Z(nT�^�JY�V!^hiT`!�



�%�  �
� ���^����� � ��� � � �

TC�/aXZ]^y�K���s�v�¯�v�<kmV!aq�B\/fhgw['�´`T[�Ô �KÔlV!^hfh`bV ¥�ºA"#"��M©�� �O`b\5aXV!¸5^h`�[�Z]i ��`TY � n�Z(^�[�kh`
ib\5adchY�`Tkh`b^wn�Z]W!`§a±V!¸!^h`T[�Z(i¯Ñm`Te(f�ad\�fh`Te(n�³ [�kh`TZ(Y�iT\5Y�` n�ghY�¤�V.ib`§n�Z]¸5^mV.[�ghY�`.�d���~� 2 �(�JE
\2�#�@3�?��F� N�]��#� N �6����� N(�

�m\5gw¤4\5gwe0V~r �R`T\5Y�¸5Z]\5gy��TK�~`�[ (%� 	Rgwa±V!Y´¥Hµ�!#! �M©7� �°V'W!`be(`�[�n�V!^mV!es��n�Z(n%V!^hf�Z][�n*V.chche(Z]i'V.[�Z(\5^wnb�
� ^�� }!|!���(�����R��� \2�#�@3�?��������#����$«\5e����h�m�Ki'V.fh`badZ(i (�Y�`Tn�nT�  V!^l®2Z(`b¸!\h�J�vV!e]Z]¤4\5Y�^hZ0Vw�

�mY�`T`bfh`T^y��� �s� �O� �O`bY�W5`b^wnb�C`�[  ��Ô �<¥�µ�!A!5¨1©�� 0 �~�w�����7�J������|!� � 3�3B��� �5� 2d}!�����~���~��� ?m�

#3�?m���#�'8������ ? � 3�3B� ����}!�����~�w�R�@� \2�#�	2d}!��?m� 2d}!�����#� : �«Ó2�/¤4\5Y�f  iTZ(`b^wib` (�gh�he(Z]i'V.[�Z(\5^ �

�mY�`T`bfh`T^y� � �v`�[ P�� � Z]^M[�`bY�kh`bghn�`bY ¥�µ !#!5Ò1©7�  chkh`bY�Z(ibV!e 0<V�W!`be]`T[�[�Y�V!^hn�¤4\!Y�a V.^hf Z][�n
fhZ(n�ibY�`�[�Z t V.[�Z(\5^y� �*6!|~}!� �#�#�R��� 0 �	243B�/��}!�²���~�B}!� �j}!� ?m� 2d}!�²���#� �!�^&/µ � ! �h�

�mY�Z]Z(n�rH�<khY�Z]n�[�Z(`b^wn�`b^ � TK�]�F���F®�`  V!^1[�Z(nT�F�¯�~ª5V!i � n�\!^y� � ��&-ghe(\![b���¯� 	OgwW/n�kwZ(^h\�WB� &��~U��hkhYb�
Ô ��ÔlV.^hfh`'V�� ���CÔlV!ghnT�  �V!^hf�Ó�e]n�`b^ ��Ô � (�ghY�ghi � `bYT��Ô � ��\![�khV!i#kh`bYT� �O�  V!�mV � Vw�
�¯� �Kkh\!aXn�\5^y��`�[ (*��$«`b^h^h`TY�n�[�Y��£a¢�  �V!^hf $�Z(n�n�`bY�¥²ºA"#" �1©��  0<V!Y�a r�[�kw`_`'V!Y�[�kyx�n
a±V!¸!^h`T[�Z(i�Ñm`Te(f¢V!^hf¢`b^1W/Z(Y�\5^had`b^1[�`���che]\5Y�`TY�nb� �%`bi#kh^wZ(i'V.e%Y�`bcB\5Y�[b��T  �  (�r#µFº R !m¥²Ò5©��

�OZ(�B`bY�[b�y®¯�s�%Ô � &-\5e(n�i#kh^h`bZ]fh`bYT�y`T[¯ªw� rHU��"U"`XÔ�\5g��Te-¥�µ�!A!5¨1©�� �°V'W!`be(`�[�V!^mV!es��n�Z(nO\!¤«[�kh`
i#kmV!^hfhe]`bY 0´\5�h�he]`!� ��N \2�#�@3�?��F� N ]��#� N � ����¥
�2µ5µF©��hº R � "5Ò#! � º R � "#!#"w�

�O\5ghchZ]e(e0V.ghfy� (*�s�y�¯� �OY�\5n�n�aXV!^h^y� `T[¯ªw�%Ô�\5Y�e(`T[X¥Hµ�!5¨ �1©��§�´�/ibe]`bnHr@\/iT[#V'W!`bnqV.^hf�Y�`be(V.[�`Tf
[�Y�V.^hn�¤4\5Y�aXnKZ]^�n�`bZ]n�adZ(iOn�Z(¸5^mV.e"V!^mV!es�/n�Z(nT�.\2�#��� ��3B�(�~��}!�²���~�D! �5�m¨�& � µ "1º��

�OY�\5n�n�aXV!^y�/�¯�w`�[-ªw�mÔ¢\5Y�e]`T[,¥Hµ�!5¨�&5©7� ��}!� ?m� 2d}!�²���#�R}!��6 	�?��������#� ; !1� �·\5Y�e(f  ibZ(`T^1[�Z]Ñhi
(«gw�he(Z]n�khZ]^h¸h�  Z]^h¸1V!cB\5Y�`!�

&2\!e(ad`!� �R�C¥²ºA"#"#"1©7�2Ô�\�fw`be(e]Z(^h¸d\!¤«V~[�[�Zs[�ghfw`�`TY�Y�\!Y�Z(^¢W5`TiT[�\!Y�a±V.¸5^h`T[�Z(iRfmV.[�Vl³V!chchche]Zsr
i'V.[�Z(\5^_[�\��5Y�n�[�`bf¢fmV.[#V�� < }!�7� ? 	´�s}!� ���4� 
#3w}/�#� ��!1� µ5µ�¨ R�� µ5µ�! R �

&2\!e(ad`!� �R�]�����*Ó�e(n�`b^y�*Ô � ��\![�kh`TYb�6`T[ &��%U��hkhY�¥�ºA"A"1º5©��_�<\Mº£³6� i#kmV!adc·aXV!¸5^h`�[�Z(i
Ñm`be]fdad\/fh`be²� � ^ 	´�����#�#��6!��� C~���[Z�� ?m� K«������� 0 �2� � 	 
y������� �#���£�#���²��� C!�1chc �Mº5ºA" � º5º#&��
 chY�Z]^h¸5`TY $«`TY�e(V!¸h�

&2\!e(n�i#kw^h`bZ]fh`bYT� Ô£��¥Hµ�!#!5Ò5©�� �°V'W5`Te(`�[�V!^hV!e]�/n�Z]n�\5^¢[�kh`,n�chkh`TY�`.� ��N �j}!��?�N 	�?���� N ���"¥�¨1©��
�hµ�&!Ò � �hµ�Ò�&��

&2\!e(n�i#kw^h`bZ]fh`bYT�hÔ �s�w���h�<khV!aq�B\�fhg�['�M`T[-Ô£�hÔlV.^hfh`'V�¥�ºA"#"!Ð1©�� �mY�\!a ¸!e(\5�mV.eh[�\qY�`b¸5Z]\5^mV!e
V!^mV!es��n�Z(nv\.¤"[�kh`OaXV!¸5^h`�[�Z]i2Ñm`Te(f_\5^�[�kh`�n�cwkh`bY�`,gwn�Z(^w¸ 0vV'W!`be(`�[�¤4Y�V!ad`bnT� 	�?���� N < }!��� ?
	<�s}!� ���ON ��m�ON � � �!�yµ�" R�� µFº��h�



����� �%�  �
� ���^����� � ���

&-ghe(\![b� � �]�y��� TC��adZ(^ � ���"U6V!^w¸5e0V!Z]nb� Ô �6ÔlV.^hfh`'V��"`T[I���"ÓOe]n�`T^�¥²ºA"#"1º!©��  a±V.e(e�n�i'V!e]`
n�[�Y�ghi�[�ghY�` \!¤�[�kh`l¸5`T\�f���^hV!aX\ Z(^w¤4`TY�Y�`bf�¤4Y�\5a �5Y�n�[�`Tf V!^hf�aXV!¸5n�V.[dn�V.[�`be]e(Z][�`�fmV.[#V��
5R}!���/�#� ����~�mÒ5ºA" � Ò1º.Ðw�

ª5V!iT\5�hnT�Bªw�%¥ T�fy�z©,¥Hµ�!5¨ R ©��.\2�#�	2d}�C!� �����(� 2 � $«\5e²�yµ5�zº��Ðq`T[ �h���Ki'V.fh`badZ(i (�Y�`Tn�nb�
	OZ]W!`be]n�\5^y��Ô ���§�b`T[���� �O� �-ghn�n�`Te(eB¥�µ !#!�&5©7�
��m����� 6!�J�������~� �@��
#3w}/�#� 	�?��������#���M�vV!aq�wY�Z(fw¸5`
P2^hZsW5`TY�n�Zs[@� (�Y�`Tn�nb�

U6V!^h¸!`be�� �,�h¥�µ�!!¨ R ©���\2�#�	2d}�C!� �����(� 2 �1�<khV!cw[�`TY �Kkh`�a±V!Z]^¯Ñm`Te(fy�J�Ki'V.fh`badZ(i2(�Y�`bn�nT� �2` 0
��\5Y � �

U6V!^h¸!`be�� �R�"`T[ � � &2Z(^ t `l¥�µ�!#!!¨1©�� � ?m�J2d}�C!� ���²��� �v��� 6£�[Zd� ?m� < }!�7� ?1G �d� ����?m���,3�?m����� ���?m�O�b}!�@����� ���@� 3m���#�,3m�#������|!���«�vV!a¯�hY�Z]fh¸5`YP2^wZ]W5`TY�n�Z][@� (�Y�`Tn�nT�
U6V!^h¸!e0V!Z]nb� ���s� Ô �yÔ�V!^hfh`bVw�`�[ (%�=P-e][�Y�o�r �RghoTY�V!Y�f ¥²ºA"#"5Ð1©7�+&2Z]¸5k�r@Y�`bn�\5e(gw[�Z(\5^�aXV!¸5^h`�[�Z]i
Ñm`be]f·ad\�fw`be(Z]^h¸�³%V!chche]Z(i'V~[�Z(\!^ [�\laXV!¸5n�V.[�V!^hf �!Y�n�[�`bf fmV.[#V�� 	 ?���� N < }!��� ? 	´�s}!� ��� N
��m�ON � � �!� R#R�� !1º/�

U6V!^ t `bY�\![�[�Z��JU��yªw�s� �,�J��� U6V!^h¸!`be��m`�[����®��y�<kmV'W!`�¥�µ�!A!5Ð1©�� < � ���1���(�@3m��6!��}¢�[Z�� 3�3B� ����6
	�?��F�����#���J�<khV!cw[�`TY �O`b\/`be]`bi�[�Y�\!a±V!¸!^h`T[�Z(n�a¢� $2�'& (�gh�he]Z(n�kh`bY�nb���-` 0���\5Y � �

U"` &-gw�5�6Ô£�]�6Ô£�"ÔlV!^wfh`'Vw� �§� &2ghe]\!['�B`T[,ªw� rHU�� U6`dÔ¢\5g��bev¥�µ�!A!5¨1©��,Ó�^j[�kw`qi#kmV!Y�V!iT[�`�r
Y�Z]n�[�Z]ibnK\!¤*n�gwibib`Tn�n�Z]W5`�¸5`b\!a±V!¸!^h`T[�Z(i ��`TY � nb� < }!��� ? 	´�s}!� ���4� 
#3w}/�#� � �~� R º!Ð ��R Ð1º��

U"` &2gw�!�%Ô �s��Ô£�%ÔlV!^hfh`bVw�*ªw� r@U��6U6`XÔ�\!g��be²�y`T[��¯� (*V!Z(nX¥�º "#"#"1©7� �KZ(ad` `TW5\!e(gw[�Z(\5^�\!¤
[�kh` ¡ gwZ(f ¡ \ 0 V.[�[�kh`O[�\5c�\!¤%[�kh`RiT\5Y�`.� < }!�7� ? 	<�s}!� ����� 
#3w}/�#� ��!1� µ�Ò5Ð � µ R Ðw�

U"`£Ô�\5g �be��-ªw� rHU��R¥Hµ�!5¨ �1©�� Ó�gw[�`bY�r ib\5Y�`�¸5`b\5n�[�Y�\5chkhZ]i ¡ \ 0 V!^hf n�`Tibghe(V!Y_W.V!Y�Z(V.[�Z]\5^�\!¤
`'V!Y�[�kyx�n�¸5`b\!a±V!¸!^h`T[�Z(i�Ñm`Te(fy� 5O}!�²�/��� �F���!� R Ð � ��R Ð�&��

U"`baXV!Y�Z(o�r �-Z]`bghn�n�`�['�F(*��`T[�� �wÔ�`T�!`bY,¥�µ !5¨5Ò1©7�%ÓO^wfh`be]`T[�[�`bn´`T[K�mV.n�`bn<khZ(e]�`TY�[�Z]`b^h^w`bnb� ]���|	N
��}!�ON  H������ �42JNA!1�yµ � µ'¨w�

U"\ 0<`Tnb� �<��¥Hµ�! R �1©��  cmV.[�Z0V!eKcB\ 0<`TY�n�cB`bi�[�Y�gha \.¤O[�kh`�a±V!Z]^�¸!`b\5aXV!¸5^h`�Ñmi�Ñh`be(f�V!^hf
`��/[�Y�V!cB\5e0V.[�Z(\5^�[�\ [�kh`Rib\!Y�`!�Y\2�#�@3�?���� N���N�]>NA��������N 
y��� N(�

ÔlV.ibadZ(e(e(V!^y�  �B¥�µ !#!5Ò1©7�� ¸5`T\5a±V.¸5^h`T[�Z(i ��`TY � ¤4\!Y«[�kh`�`'V!Y�e]�_µ !#!#"wx�nb� < }!��� ? 	´�s}!� ��� N 
y���
N
�6���²�ON � ���'�yµ'¨#! � µ�!5º��



�%�  �
� ���^����� � ��� � � �

ÔlV!iTaXZ]e(e(V!^y�  �V!^hf�ÔlV!gwnb�  �s� �O� �<\!^hfmV!YT�w�¯�m�<kmV!aq�B\�fwgw['� $q� �O\5e(\�W � \�WB� �R��&-\5e(ad`!�
���FU6V!^h¸5e(V!Z(nT��$q�'U6`Tn�ghYT�	�<��U"\ 0<`Tnb� &��FU��hkhYT� � �~ÔlV!Z²�FÔ �~ÔlV.^hfh`'V������FÓ�e(n�`b^y�~Ô£� �-\.r
[�kh`TYb� �O�  V!�mV � V��m�¯� �Kkh\5adn�\!^y�m`T[ � ���°V.Y�fhZ]^hn � Z�¥�º "#"5Ð1©7� �Kkh` !�x�[�k�r@¸5`T^h`bY�V.[�Z]\5^�Z(^�r
[�`bY�^mV.[�Z(\5^mV.eB¸!`b\5aXV!¸5^h`�[�Z]i2Y�`T¤4`bY�`b^hiT`�Ñm`Te(fy� \2�#�@3�?���� N���N���m�ON���� < � 
 ; �w��}!�w� N �42±����N\2�#�@3�?��F� N��6�m���~�*�

ÔlV!e]e0V.[b�  �M¥�µ�!!¨#!1©��~�°[�kw`b\5Y���¤4\5Y"aqghes[�Z]Y�`bn�\5e(g�[�Z(\!^2n�Z(¸5^mV.e!fh`Tib\5adc\!n�Z][�Z(\5^O\.¤/[�kh` 0vV'W!`be(`�[
Y�`bcwY�`bn�`b^1[#V~[�Z(\!^y�  <�<�< �w��}!�w� N 	v}!�²�@���7� ���B}!� N�}!��6 ��}/�@?/��� � ��m�@����� � C/��� �#� �F�!�hÒ R ! �
Ò#!5Ðw�

ÔlV!^wfh`'Vw�BÔ£�]�^TK���<`Te(e0V.^h¸5`bYT�w`�[�ªw� rHU��mU"`�Ô�\5g �be�¥�º "#"#"1©7��� ¸5`b\5aXV!¸5^w`T[�Z]i ��`bY � ¤4\5Yv[�kh`
`b^hf�\!¤*[�kh`�ºA".[�k¢iT`b^1[�gwY���� < }!�7� ? 	<�s}!� ���ON 
y���
N �6����� N �#� �5�mÐ5Ò#! � Ð R Ðw�

ÔlV!^wfh`'V��2e(`��wV!^wfhY�`Tn�ibg �1Ô �s�1ªw� rHU�� �RZ]�`TY�['�~®¯�V!^hf§U"`vÔ�\5g��Te�� �§� &2ghe]\!['�F`�[ �§�  V!Y�V!ibiT\
¥�µ�!#!A!1©��v�2^l`Tn�[�Z]a±V~[�`R\!¤�V'W!`bY�V.¸5`¯e]\ 0´`bY-aXV!^1[�e(`RiT\5^hfhghi�[�ZsW�Zs[@���1� 0vV'W5`Te(`�[RV!^mV!es�/n�Z(n
\5¸§¸5`b\5aXV!¸5^w`T[�Z]i ��`bY � nb� ��N \2�#�@3�?���� N ]��#� N � � m�yµ R'R Ð�& � µ R%R � &��

ÔlV!gw`bY�n��`TY�¸5`TYb� (*�X¥Hµ�!�&!Ò1©7� ®�V!n£aXZs[�[�`beqfh`TY�`b^h`TY�¸5Z]`bfhZ]i#kM[�`�fw`bn£¸5`b\5aXV!¸5^w`T[�Z]n�i#kh`T^
kmV!ghcw[�¤4`be]fh`bn´V!^±fw`bY«`bY�fh\5�B`bY ¡�� i#kh`�gw^hf±n�`bZ(^w`2n � � ghe0V!Y�` � ^hfh`bY�gh^h¸h� \2�����s}!��6~���������²��N
\2�#�@3�?��F� N ���!�JºA" R�� º�µ�&��

ÔlV!gwnb�  �]�.Ô � ��\![�kw`bYb� �R� &2\5e]aX`.� &��~U��hkhYb�	�,�5Ó�e(n�`b^y�F`�[ $¯� &2V5V � ¥²ºA"#"1º5©7� ��Z(Y�n�[%n�ibV!e0V.Y
a±V!¸!^h`T[�Z(i�V!^h\5aXV!e]��aXV!c¢¤4Y�\5a i#kmV!adc n�V.[�`Te(e(Zs[�`RfmV.[�V±Z(^wfhZ(ibV.[�`Tn 0´`'V � e(Zs[�kh\5n�chkh`TY�Z(i
Ñm`be]fy�I\2�#�@3�?��F� N ]��#� N �6����� N !��C¥�µ �1©��<µ "w�]µ "1ºA! �5º "#"wµ �RU "wµ�Ð5Ò5¨#&��

ÔlV'�1V.ghfy�2(%� ����¥�µ�!!¨#"1©�� Xq���7��|~}!�²���~� ; 2±��}!�m��� C ; }!��6°�M���£�[ZBC/�#�	2d}�C!� ���²��������6!���#�#���
$«\5e��Jº!º \.¤>\2�#�@3�?���� N �£�~� ��C!� N«��ad`bY�Z(i'V.^ �O`b\!chk1��n�Z(ibV!e P2^hZ]\5^y� �·V!n�khZ(^h¸.[�\5^y�®O���

Ô�`T^MW/Z]`be(e]`!�MÔ£�1`T[��¯���<`TY�[�kh`be]Z(`bYK¥�µ�!#!�µF©�� �Kkh`-fh`bY�Z]W!`bfdche0V!^w`T[#V.Y��qZ]^hfhZ]ib`bn�³5fw`bn�iTY�Z]cw[�Z]\5^
V!^hf�V�W.V!Z]e0V!�wZ(e(Zs[@�5� ]���|	N��[Z'\2�#�@3�?���� N !��!� �hµ�& � �1Ð1º/�

Ô�`��5`bYT� � ��¥�µ !5¨5Ò1©7�dÓO^wfh`be]`T[�[�`bnR`T[R¤4\5^wiT[�Z]\5^hnOn�che(Z]^h`bnT� � ^ 
y� 2 ���B}!����� < Db�w}!�²���~�w�X}!� �6/������|!�#�#� 3w}!�����������(�#���J�<`T^M[b�ÔlV.[�k �^T«iT\5e(` (%\5e]�M[�`bi#ky�s��(�V!e(V!Z(n�`'V!gy���mY�V!^hiT`!�
Ô�`��5`bYT� � �*`T[  � ��\�pMgh`Tn¢¥�µ�!#!!Ð1©���(«Y�\5¸5Y�`bn�n Z]^ 0<V�W!`be]`T[dV!^mV.e]�/n�Z]nqV!^hf V.chche(Z]i'V.[�Z(\5^wnb�
� ^ 	´�����#�#��6!��� C~���[Z±� ?m� 7�m�H���7�B}!�����~�B}!� 0 �~� Z'���#��� �#��� � }!|!���(������}!��6 � 3�3B� ����}!�²���~�w���@�
�<�^T�fhZ][�Z(\5^hn �JY�\5^1[�Z]¬bY�`Tnb���OZ]¤0r n�ghYHr �«W5`�[�[�`§¥ T�fy�z©��

Ô�\5Y�`'V!g ���<�s��®¯� �OZ(�B`bY�['�/Ô � &2\5e]n�i#kh^h`TZ(fh`TYb�/`T[ � �  V!Y�V!ibiT\�¥�µ�!A! R ©����·V'W5`Te(`T[�n�V!^mV!es�/n�Z(n
\!¤�cB\![�`b^1[�Z(V!e Ñm`Te(fhnT��7�m|!������� 	´���AHb�(� 2¯� � �5�yµ�Ò�& � µ R ¨w�



��� � �%�  �
� ���^����� � ���

Ô�\!Y�`'V.gy� �´�]�´®¯� �OZ(�B`bY�['�´Ô � &2\5e]n�i#kh^w`bZ(fw`bYb�´`T[ �§�  V!Y�V!ibiT\ ¥�µ�!A!#!1©�� � fh`T^M[�Z]ÑmibV.[�Z]\5^
\!¤2n�\5ghY�ib`TnX\!¤2cB\![�`T^M[�Z0V!e´Ñm`be]fhn 0�Z][�k�iT\5^1[�Z]^/gw\5ghn�0vV'W!`be(`�[�n§[�Y�V!^hn�¤4\!Y�a ³C\!^h`��mV!n�Z]i
[�kh`T\5Y��!� ��N \2�#�@3�?���� N ]��#� N � � m��&A"#"5Ð � &A"wµ�Ðw�

Ô�gwY�`b^ t Z�� �,�<¥�µ !#!#"1©7� �v��6/���(�����H�#�92 �/� �²�
6!� 2±���w�����~�m� �����(�#�_���R} 3�3B� ����}!�����~� E���G }!�B}!� �����
6�G � 2d}�C/�#�����Kkw¬bn�`dfh`§®�\/iT[�\5Y�V~['� P-^hZ]WB�6�vV.[�kh\5e²�yU"\5gwW.V!Z]^y�yU"\5gwW.V!Z]^�r@e(V~r[�-`bgwW!`!� �<`beQr
¸5Z(gwa��

�2V!¸1V!\h�"&��s� �O� � �!`bad\5Y�Z²�'`T[ �O� &2Z]¸5ghi#khZ²� �O�FV5V!^wf��2Y�V � Z¥�ºA"A"5Ð1©��!U"\ 0´`bY%aXV!^1[�e(`�iT\5^hfhgwi�r
[�ZsW�Zs[@�XV!^h\5aXV!e(Z]`bn�`bn�[�Z(aXV.[�`bf±¤4Y�\5a ¸!`b\5aXV!¸5^h`�[�Z]i ��`TY � nb� ��N \2�#�@3�?���� N ]��#� NA� � ��8 � � : �º5º#&��w�hfh\5ZC³sµ�"w�sµ�"1º ! �5ºA"#"5º5ª�� "#"wµ R ¨5Òw�

(%`T�/Y�\5^w^h`'V!g �%ªw� `T[�ªw� (*\5Z]Y�Z]`bY ¥Hµ�!5¨#!5©��YT�e(`TiT[�Y�Z(ibV!e�iT\5^hfhghi�[�ZsW�Zs[@�lZ]^ [�kh` `bV!Y�[�kyx�n�e(\ 0´`bY
a±V.^M[�e(`.� 5R}!���/�#� ���!1�^&.Ð R�� &!ÐA!w�

(%\5Z(Y�Z(`bYT� ªw� ¥²ºA"#"#"1©7� ��m����� 6!�J�������~� �H� ��?m� 	�?��F�����#� �[Z ��?m� < }!�7��?1G � ��m�@���7���~�7�
T�fy� �vV.aq�hY�Z]fh¸5`IP2^wZ]W5`TY�n�Z][@� (�Y�`Tn�nT�
�-V!^h¸1V.Y�V"��V!^ � � � 	 �h¥Hµ�!5¨#!1©7��\2�#�	2d}�C!� ���²�(� 2 ��$«\5e²�FÐw�5�<khV!cw[�`TY � ^hfwZ(ib`TnC\!¤m¸!`b\5aXV!¸5^h`�[�Z]i
V!iT[�Z]W/Z][@�!���Ki'V!fw`badZ(i (�Y�`Tn�nb�BU"\5^hfw\5^y�
��\5�B`bY�[�nb� (*�2&,�v`T[  �  ib\![�[£¥�µ !5Ò�&5©7� Ó�^ V!^mV.e]�/n�Z]n�\!¤R[�kh`jn�`biTghe0V!YXW!V.Y�Z0V~[�Z(\!^ ¥�Z0©±V
k1��fwY�\5aXV!¸5^h`�[�Z]iOib\5^hn�[�Y�V!Z(^1[,³ �Kkh`T\5Y��!� ��N \2�#�	2d}�C�N \2�#�����(�#������N ���"¥²º5©��µ�Ð R�� µ�&�µ5�

 V.�mV � Vw� �O�yªw�s� ��� ÓOe]n�`T^y�`�[ �R�J�¯�U%V.^h¸5`be<¥�º "#"1º5©7�K� ib\!aXchY�`bkh`T^hn�ZsW5`qad\/fh`be6\!¤C[�kh`
pMghZ(`�[�r [�Z(ad`!��^h`'V!YHr@`bV!Y�[�k¢aXV!¸5^w`T[�Z]i�Ñm`be]f�³hchkmV!n�`¯Ð��Y\2�#�@3�?��F� N���N 7�m� N � ���!�mÐ1º � Ò5¨w�

 V.�mV � Vw� �O��ªw�s�1����Ó�e]n�`b^ �C`T[±Ô ��TK� (�ghY�ghi � `TYj¥�º "#" �M©7� T���[�`b^hfwZ(^h¸�ib\!aXchY�`bkh`T^hn�ZsW5`
aX\/fh`Te(nv\!¤6[�kh`R`'V!Y�[�kyx�nKa±V.¸5^h`T[�Z(i�Ñh`be(f 0�Zs[�k �5Y�n�[�`TflV.^hf�i#kmV!adc¢fhV.[#Vw�>\2�#�@3�?��F� N���N
��m�ON(�

 i#kwaXZ]fw['��¯��¥�µ !5Ð�&5©7� ��V~¤4`be(^jfw`bYR^h\5Y�aXZ]`bY�[�`b^ � gh¸5`Te]¤4gh^ � [�Z(\5^w`b^£gh^hf£Z(khY�`bYOV!�we(`bZs[�gh^/r
¸5`b^ ^h`b�wn�[qfw`b^·e]\5¸1V!Y�Z][�khaX`T^jfhZ(`Tn�`TY t V!khe(`T^·n�\ 0�Z]`d¤4\!Y�ad`be(^ t ghY�`T^1[ 0�Z(i � e(gh^w¸ ^mV!i#k
� gh¸5`bes¤4gh^ � [�Z]\5^h`T^y� < � C/��� ?w}!��6��O]�����?m��� � ���7�s}�C ; \2�~��?w}m�

 i#k 0<V!Y�[�`!�.ªw�M¥²ºA"#" �M©7� �£� 6/����� ��� C�� ?m� < }!�7� ?1G � 2d}�C!� ���²��� �v��� 6,�[Z�2d}�C!� ���H���,3�?m���7���<�~�7� C!���Z7���	2 0 �+� � 	 61}!��}!� �Kkh¬bn�`¯fh`,®�\/iT[�\5Y�V~['��P-^hZ]W!`bY�n�Z][ � [ �<Y�V.gh^hn�i#k 0´`bZ]¸h�
 i#k 0<V!Y�[�`!�/ªw�s�5�¯�1�<kmV!aq�B\�fwgw['��&��1U��hkhYT�5`T[´Ô£�MÔlV!^hfw`'VX¥�ºA"#"!Ð1©���(*V!Y�V.aX`�[�`bY�Z(n�V.[�Z]\5^q\!¤
`��/[�`TY�^mV.e"a±V!¸!^h`T[�Z(i2Ñh`be(fwnv¤4Y�\5a i#kmV!adc�W5`TiT[�\!Y-fhV.[#Vw� � ^ 	<�����#�#��6!��� C~� Z7�#�	2 ��?m�  G ��?
�2�������H��6 7�m�H���7�B}!�����~�B}!� 
y����� �#� ���}A2 0 �~� Z'���#��� �#��� ®OÔ �I iTZ(`T^M[�Z]Ñmi ��`bcB\5Y�[F"5ÐFr["#!w�
chcy�"µ�Ð#& � µ�Ð5¨��h®�V!^wZ(n�klÔ�`�[�`b\!Y�\5e]\5¸5Z(ibV!e � ^wn�[�Zs[�gw[�`!�



�%�  �
� ���^����� � ��� � � �

 kmV.^ � e0V!^hf ���O� ªw�s� ªw��(%`T�/Y�\5^w^h`'V!g � `T[Oªw��(*\5Z]Y�Z(`TY�¥�µ�!#!!Ð1©�� T�e]`biT[�Y�Z]i'V!e"iT\5^hfhghi�[�ZsW�Zs[@��\!¤
[�kh`R`'V.Y�[�k xn-e(\ 0´`bYKaXV!^1[�e(`.� 5O}!�²�/��� � ���~�	� &!Ð � ��&#&��

 Z]aX\5^wnb�"Ô£�]�  �  \5e(\!aX\5^ �`�[ &,�A&�V.¸5`bYd¥Hµ�!#! R ©7�qU"\/i'V!e]Z t V~[�Z(\!^l\!¤´¸5Y�V'W/Z][@� V!^hfj[�\!c\.r
¸5Y�V!cwkM�l³hib\!^hn�[�Y�V!Z]^M[�nK\5^�[�kw`�[�`bi�[�\5^wZ(ibn�V.^hf�a±V!^1[�e(`�f���^hV!aXZ]ibnv\.¤%W!`b^MghnT�F\2�#�@3�?���� N
��N 7�m� N � �F�!�Jº�� � � �h�

 [�V!gh^hZ]^h¸h� (*�~`T[ �<� («Y�Z(adfmV!kheB¥²ºA"#"#"5©�� ��Z(Y�n�[*fh`T[�`bi�[�Z(\!^q\!¤m¸5e]\5�mV!e1fhV 0�^/r@fhghn � Z]\5^h\5n�chkh`7r
Y�Z(i§iTghY�Y�`b^1[,Z(^1[�`T^hn�Zs[�Z(`TnRghn�Z]^h¸¢V!aXcB`bY�`!x�nRZ(^1[�`T¸5Y�V!e�e0V 0 \5^ �5Y�n�[�`bf·\!Y��hZs[�nb� \2�#�@3�?���� N
]-�#� N �6����� N ! �'�mÐ1º R Ð � Ð1º R Òw�

�*V��/e]\5Yb��(*�5`�[´ªw���mY�V 0�e(`���¥�µ !5¨ R ©7�BÔlV!¸5n�V.[�V!^h\5aXV!es��fhV.[#V�\�W5`TY�[�kh` � ghY�n � Y�`T¸5Z(\!^y�!ghn�n�YT�
	 ?���� N < }!�7��? 	´�s}!� ���ON ��m�ON� �!�

P2es[�Y�o�r �OghoTY�V!Y�fy��(*��¥�µ�!#!!Ò1©��>XR�93w}!�(�#�	2d}�C!� �����(� 2±��}!� C/�#�	2d}�C!� �����(� 2±�O�,3w}!����}!� 	�}!�B}��
� �F���96/�'Db�J��� Db�m�#�q����Db�m��� �#�#� �@� 243m�~�������(�#�'6!�°�@?w}A243 2d}�C!� �����
Db�m� �@�������#��������� �Kkh¬Tn�`
fh`,®�\�i�[�\5Y�V.['� � ^wn�[�Zs[�gw[�fw` (�k1�/n�Z]p/gw`�fhg �Oe(\5�B`�fh` (�V.Y�Z(nT� (�V!Y�Z(nT�



��� � �%�  �
� ���^����� � ���



� ��� ��  �

� �A������� � � �  �  �����
�� ���
��� � �� � ����� � ��

�  � ��� �

U"`bn�fh\5^h^wob`bn�n�V.[�`Te(e(Zs[#V!Z]Y�`Tn´pMgh`R^h\5gwnKgw[�Z]e(Z(n�\5^hn´n�\5^1[-e(\/i'V!e]Z(n�ob`bn´n�cmV~[�Z0V.e(`bad`b^1[b��fmV.^hn
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S :
n�`biT\5^hfh`

 \5Z]`b^1[Xe(`bn§iT\�\5Y�fh\5^h^wob`bnd[�`TaXcB\5Y�`Te(e]`bn Z(^1[�`bY�adobfwZ0V!Z]Y�`bn cB\5ghYde0V�fmV.[�` ��gwe(Z(`T^h^h`�Y�`7r
i#kh`TY�i#khoT`±³


















y :
V!^h^hoT`

m :
aX\5Z]n

d :
��\5ghY







 Z
(M > 2)
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(y = A

T �
m = M) Z

(M = 1)
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(M = 2)
��U%Ó �  

(y = A− 1
T �

m = M + 12)
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14e

ad\5Z]n
fh`Re²xzV!^w^hob`OchY�obiTobfh`T^M[�`!�z©

P2^w`±V!^w^hob`X`bn�[��hZ]n�n�`7�/[�Z(e]`§n�Z�`be(e]` `bn�[qfhZsW�Z]n�Z]�he(`qchV!Y���`T[�^h\5^£cmV!Ydµ�"#"w�6U"`Tn ��\5gwY�n
n�ghchche]obad`b^1[#V!Z]Y�`Tn,Z]^1[�Y�\/fhghZs[�n�chV!YRib`bn�V!^h^wob`bn,n�\!^M[¯V!fhfwZ][�Z]\5^h^hoTnb� �-\5ghn,^h\![�\5^hn

E(X)e(VqcmV!Y�[�Z(`O`T^M[�Z(¬TY�`Rfh`Re0V¯W.V!Y�Z0V!�he]`
X

³

d = 2 − E(y/100) + E(E(y/100)/4)

T�^wÑm^y�me]` ��\5ghY���ghe]Z(`b^_^w\![�o
JD

`Tn�[�[�`Te"p/gw`d³

JD = E(365.25y) + E(30.6001(m+ 1)) + J + 1720994.5 + d
¥��¯�sµF©

+(3600H + 60M + S)/86400
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30.6001 :
^h\5aq�wY�`Rfh` ��\5ghY�n-fhV!^hn�gh^¢aX\5Z]n ��ghe]Z(`b^

1720994.5 :
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��ghe(Z]`b^_`T[-e]`Ofhob�hg�[2fwg�ibV!e(`T^hfhY�Z]`bYK¸5Y�ob¸5\!Y�Z(`T^y�
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U"`¢[�`badchnXn�Z(fhoTY�V!eK`Tn�[±aX`Tn�ghY�o�`T^ ��\5ghY�n§n�Z(fwobY�V.g���´pMghZ�n�oTcmV!Y�`b^1[�fh`Tg���cmV!n�n�V!¸5`Tn
ib\!^hn�oTibgw[�Z]¤4nqfyx�gh^h`±a9�TaX`XoT[�\!Z(e(`XV!g°aJ�bad`±adobY�Z(fhZ]`b^y�%U"`X[�`badchnqn�Z(fhoTY�V!e�ib\5Y�Y�`Tn�cB\5^hf
uje�x�Z(^1[�`TY�W.V!e]e(`dfh`�[�`TaXchn oTib\5gwe(o_fh`TchghZ(n§e]`�fh`bY�^hZ(`TY cmV!n�n�V!¸5`_fwg�cB\5Z(^1[qW!`bY�^mV!e,¥�cB\5Z]^M[
fyx�Z(^1[�`TY�n�`biT[�Z(\5^¢`b^1[�Y�`¯e²xoTpMgmV.[�`TghY-`T[-e�x�obiTe(Z(c�[�Z(pMgh`'©vV!g¢aXoTY�Z(fwZ(`b^�fhg�e(Z]`bg�fyx�\5�hn�`TY�W.V.[�Z(\5^y�
��Z]^hn�Z²�we]`�[�`badchn�n�Z]fhobY�V!e"u��RY�`b`T^10�Z]i#k�`Tn�[�[�`Te"pMgh`X³

T0 = 4.89496 + 2301.2167531t
¥���� º!©

V'W5`Ti
t
gh^h`vW.V!Y�Z0V!�he]`<Z]^M[�`bY�aXoTfhZ0V!Z]Y�`2³

t = JD−2451545
365.25

.
U"`v[�`badchn«n�Z(fwobY�V.ewe(\/i'V.ewn�`�fhoTfhghZs[

`b^wn�ghZs[�`§³

Tlocal = T0 −
πφ
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φ
`bn�[�e0V£e(\5^w¸5Z][�ghfh`¢fh` e0V£c\!n�Z][�Z(\5^�fhg�n�V.[�`Te(e]Z][�`�`7�wcwY�Z(adob`�`b^ fh`T¸5Y�oTn�^hoT¸1V.[�ZsW5`7r

ad`b^1[Ru�e�x�`bn�[O`T[RcB\5n�Z][�ZsW5`TaX`T^M[Ou�e�x�\5gh`bn�['� U%V�e]\5^h¸5Zs[�ghfw`
L
fwg  \5e(`TZ(e%`bn�[Ri'V!e]ibghe]ob`qcmV.Y

e�xV!chcwY�\'��Z(aXV.[�Z]\5^l³

L = 4.89496 + 6.2833197t+ 0.03342 sin(6.2401 + 6.283076t)
¥������1©

+0.00035 sin(6.20 + 12.5662t)

V'W5`Ti,[�\5g���\5ghY�n
t = JD−2451545
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ib\!^hn�Z]fhobY�`bY ib\!aXad`�e�x�\5�hn�`bY�W!V~[�`bgwY fmV!^hn§^h\![�Y�`_chY�\5�he]¬bad`!�CU"`TndiT\�\!Y�fh\5^w^hob`TndoTpMgmV.[�\~r
Y�Z(V!e(`Tn�n�\5^1[�g�[�Z(e]Z(n�ob`bnT�B®�V!^hn�iT`¯n���n�[�¬TaX`.� e(`Tn2o�[�\5Z]e(`Tn2n�\5^1[�n�gwchc\!n�ob`Tn.�T[�Y�`�[�Y�¬Tn�e(\5Z]^�fh`
e0V �%`bY�Y�`!�h�<`T[�[�`�fh`TY�^hZ]¬bY�`�`bn�[vfh\!^hi�iT\5^hn�Z]fhobY�ob`�iT\5adaX`�gh^�cB\5Z]^M[´adZ(^Mghn�iTghe(`2V!gXib`b^1[�Y�`
fhg�Y�`Tc¬TY�`.�6U%V_cB\5n�Zs[�Z]\5^ fh` e²xo�[�\5Z]e(`!�BZ(iTZCe(`  \5e(`TZ(e²�`Tn�[,Y�`TchY�oTn�`b^1[�ob`dcmV!YOfh`Tg��£V!^h¸!e(`bn ³
e�xV!n�ib`b^wn�Z(\!^_fhY�\5Zs[�`

α
`�[�e0VqfhoTibe]Z(^mV!Z]n�\5^

δ
ib\!aXad`�e]`�aX\!^M[�Y�`Oe(V%��Z(¸5gwY�`����]µ!�mU"`bn�fh`bg/�

Y�o�¤4obY�`b^hiT`bn±cB\5ghY§e(V£ad`bn�ghY�`¢fh`¢ib`bnXV!^h¸!e(`bn§n�\5^1[±e²xoTp/ghV.[�`TghY��<oTe(`Tn�[�`·¥�cwY�\���`TiT[�Z]\5^�fh`
e�x�obpMgmV~[�`bgwY�[�`bY�Y�`bn�[�Y�`�©v`T[-e(`OcB\5Z]^M[KW!`bY�^mV!e��

U�xzV!n�ib`T^hn�Z]\5^lfhY�\5Z][�`
α
`T[-e0V fhoTibe]Z(^mV!Z]n�\5^�fhg  \5e]`bZ]e

δ
n�\5^1[�ibV!e(iTghe(oT`bnv[�Y�Z(¸5\!^h\5adoT[�Y�Zsr

pMgh`bad`b^1[<u,chV!Y�[�Z(Y�fh`�e0VRU"\5^h¸!Z][�gwfh`
L
fhg  \5e(`TZ(eh`�[�fh`2e²x\!�he(Z]p/gwZ][�o��

ε = 0.4091
Y�V!fhZ(V!^hn
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= 23.44◦
³

α = arctan
(

cos ε sinL

cosL

) ¥4�¯� &5©
δ = arcsin(sin ε sinL)
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